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Abstract. In most cosmological models, the equation of state of the dark matter is assumed
to be zero, which means that the dark matter is pressure-less or cold. While this hypothesis is
based on the abundance of cold dark matter in the universe, however, there is no compelling
reason to assume that the equation of state of dark matter is exactly zero. A more general
approach would be to allow for a range of values for the dark matter equation of state and
use the observational data to determine which values are most likely. With the increasing
accuracy of experimental data, we have chosen to explore the possibility of interacting non-
cold dark matter − vacuum scenario, where the equation of state of the dark matter is
constant but can take different values within a specific range. Using the Cosmic Microwave
Background (CMB) anisotropies and the CMB lensing reconstruction from the Planck legacy
release, plus other non-CMB measurements, namely, the baryon acoustic oscillations distance
measurements, and the Pantheon catalogue from Type Ia Supernovae, we have analyzed this
scenario and found that a non-zero value for the dark matter equation of state is preferred
with a confidence level of over 68%. While this is not significant by itself, however, it does
suggest that investigating the possibility of non-cold dark matter in the universe is worth
exploring further to gain a better understanding of the nature of dark matter.

Keywords: cosmological parameters from CMBR, dark matter theory
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1 Introduction

Observational evidence suggests that our universe is dominated by two dark fluids: one is
dark matter (DM) and the other is dark energy (DE) (in the context of Einstein’s General
Relativity) or geometrical DE (in the context of modified gravity theories) [1]. However, the
nature of these dark fluids has remained mysterious in recent years. Although the standard
Λ-Cold Dark Matter scenario (henceforth ΛCDM) has been very successful in fitting a series
of astronomical data sets, several theoretical and observational signatures argue that ΛCDM
cosmology needs to be revised. The tensions in cosmological parameters have been quite
serious in recent years [2–5]. This has motivated our scientific community to build new
cosmological scenarios and test them against observational evidences, and, as a result, this
has led to a vast literature of DE and geometrical DE models, see for instance refs. [6–24].
If one carefully examines the existing literature, one discovers that a common practice in
building cosmological models is to assume the DM equation of state equal to zero, or, in
other words, that the universe is filled with cold DM. While this assumption is motivated by
structure formation, and is indeed based on the enormous success of the ΛCDM cosmology,
however, let us recall that the nature of DE and DM is not yet truly known. So instead of
setting the DM equation of state to zero by hand, as the sensitivity in the experimental data
grows over time, we could test this assumption by allowing a free DM equation of state and let
the observational data come to a conclusion. This approach has motivated several researchers
to examine whether observational data indicate any non-cold nature in DM [25–30].

In the present article we actually focus on an interacting cosmological theory between
DM and DE, where DM has an equation of state that varies freely over a certain range, a
well justified assumption in an interacting scenario, and DE represents the vacuum energy.
The interacting DM-DE models, widely known as the Interacting Dark Energy (IDE) mod-
els/Coupled dark Energy (CDE) models, are very rich both theoretically and observationally.
In recent years, IDE models have been extensively investigated by many researchers, which
has led to a number of interesting possibilities, including a possible alleviation of the cosmic
coincidence problem [31–37], phantom crossing [38–41] and recently the alleviation of the
cosmological tensions [42–59]. We recall that the origin of IDE theory was motivated by a
previous proposal by Wetterich in which the author argued that the cosmological constant
problem might be solved through an interaction in the cosmic sector [60]. The dynamics of
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the IDE models is primarily controlled by an interaction function that modifies the expansion
history of the universe at the background and perturbation levels. We refer to an incom-
plete list of works on the IDE models studied over the years [31–37, 42–50, 61–98]. In this
article, we consider a very well known and most used interaction function and constrain the
scenario using various observational data sets, namely, the Cosmic Microwave Background
(CMB) anisotropies, the CMB Lensing reconstruction from the Planck legacy release, Baryon
Acoustic Oscillations (BAO) distance measurements from several astronomical missions and
finally the Pantheon catalogue from Type Ia Supernovae, with the aim of understanding
whether a non-zero equation-of-state of DM is suggested by current observational data sets.

The manuscript is organized as follows. In section 2 we describe the key equations
of the interacting non-cold dark matter − vacuum scenario. Then in section 3 we describe
observational data sets and statistical methodology. In section 4 we describe the observational
constraints and implications of the interacting non-cold DM − vacuum scenario. Finally, we
summarize the results of the manuscript in section 5.

2 Interacting non-cold dark matter and vacuum energy

We consider an interacting scenario between vacuum energy and a non-cold dark matter fluid
with equation of state W (labeled as “IWDM”, read as Interacting DM with equation-
of-state W ), in a homogeneous and isotropic universe characterized by the spatially flat
Friedmann-Lemaître-Robertson-Walker (FLRW) universe. The vacuum energy is character-
ized by its equation of state wde = −1 and the equation-of-state of the non-cold DM, W , could
be either constant in time or dynamical. Here we explore the simplest scenario where W is
constant (labeled as wdm for simplicity and to match with the DM abbreviation), which can
vary freely over a non-negative interval.1 In presence of an interaction between the non-cold
DM and the vacuum sector, the continuity equations read

∇µT
µν
j = Qν

j ,
∑

j

Qµ
j = 0 , (2.1)

where j runs for the non-cold DM and the vacuum sector. The four-vector Qµ
j controls the

energy exchange between the dark sectors. We assume that Qµ
j is given by [64, 70]

Qµ
j = (Qj + δQj)uµ + fµ

j , (2.2)

in which uµ denotes the four-vector velocity; Qj denotes the background energy transfer; fj

stands for momentum transfer. Note that from now on we will use the more commonly used
notation Qj ≡ Q. In the FLRW background, from eq. (2.1), the conservation equations of
the interacting fluids can be written in their well known forms and are,

ρ̇de = Q(t), (2.3)

ρ̇dm + 3H(1 + wdm)ρdm = −Q(t), (2.4)

where an overhead dot represents the derivative with respect to the cosmic time; ρde, ρdm

are respectively the energy density of the vacuum sector and DM; H = ȧ/a (‘a’ denotes

1We limit ourselves to non-negative values of the DM equation-of-state to avoid any exotic touch on the
DM since the negative values of wdm could raise some unphysical issues, for example, if wdm becomes negative,
then it might be difficult to distinguish between the DM and DE sectors from their evolution equations.

– 2 –
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the scale factor of the FLRW universe) is the Hubble rate of the FLRW universe which
provides an additional constraint on the total energy density of the universe as 3H2 =
8πG(ρde+ρdm+ρb+ρr), where the remaining two terms, namely, ρb and ρr denote the energy
density of baryons and radiation, respectively; G is the Newton’s gravitational constant; the
remaining Q(t) denotes the interaction function that determines the energy flux between the
vacuum energy and the non-cold DM. For Q(t) > 0, the energy flows from the non-cold DM to
the vacuum while forQ(t) < 0, the energy flows in the opposite direction, i.e. from the vacuum
to the non-cold DM. Here, we consider the best known interaction function [42, 46, 65]:

Q(t) = 3Hξρde (2.5)

where ξ is the coupling parameter of the interaction function. Following the sign convention
in Q(t), one infers that ξ > 0 denotes the energy transfer from the non-cold DM to the
vacuum sector while ξ < 0 denotes the energy flow in the opposite direction (i.e. from the
vacuum sector to the non-cold DM). We note that the choice of the interaction function in
eq. (2.5) is not phenomenological, on the contrary, this particular choice of the interaction
function can be derived from an action formalism [99]. Furthermore, as we will show below,
for this interaction function, the evolution of the non-cold DM and the vacuum sector in terms
of their energy densities can be found analytically. Now in presence of the above interaction
function, the conservation equations, i.e. eq. (2.3) and eq. (2.4) can also be rewritten as

ρ̇de + 3H(1 + weff
de )ρde = 0, (2.6)

ρ̇dm + 3H(1 + weff
dm)ρdm = 0, (2.7)

where weff
de and weff

dm termed as the effective equation-of-state parameters of the vacuum and
the non-cold DM, are given by

weff
de = −1 −

Q(t)

3Hρde

, (2.8)

weff
dm = wdm +

Q(t)

3Hρdm

. (2.9)

Notice from eq. (2.8) that for Q(t) > 0, weff
de goes beyond the cosmological constant boundary

(i.e. weff
de < −1) and this is justified because Q(t) > 0 implies an energy transfer from DM to

the vacuum sector. While for Q(t) < 0, which represents an energy transfer from the vacuum
sector to non-cold DM, the effective equation of state of the vacuum energy, i.e. weff

de may
behave like a quintessence DE (weff

de > −1). In principle, the exact evolution of the effective
equation-of-state parameters can be traced once the evolution of the energy densities of the
dark components has been found analytically and this certainly depends on the interaction
function, Q(t) itself. While we note that it is always possible to find out the numerical
evolution of all the quantities involved regardless of the choice of the interaction function,
Q(t). Interestingly, for the present interaction model of eq. (2.5), the energy densities of
vacuum and non-cold DM can be expressed analytically:

ρde = ρde,0 a
3ξ, (2.10)

ρdm = ρdm,0 a
−3(1+wdm) +

ξρde,0

δ

[
a−3(1+wdm) − a3ξ

]
, (2.11)

where ρdm,0, ρde,0 are respectively the present day values of ρdm, ρde and δ = 1 + ξ + wdm.
From eq. (2.10) and eq. (2.11) one can quickly see that for ξ = 0 (i.e. in absence of any
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interaction), one recovers the usual evolution equations for DE and DM. It is essential to
mention that the parameter δ should not vanish because for δ = 0, the energy density of the
DM sector will diverge at a finite time and this is unphysical. Consequently, the effective
equation-of-state of the vacuum sector, i.e. eq. (2.8) becomes trivial leading to weff

de = −1 − ξ
and the effective equation-of-state of the cold DM sector of eq. (2.9) becomes

weff
dm = wdm +

ξδa3δ

ξ (1 − a3δ) + r0δ
, (2.12)

where r0 = ρdm,0/ρde,0 and δ is defined above. The previous expression for weff
dm offers an

effective evolution of the DM sector in presence of the interaction function of eq. (2.5). Note
that such effective prescription is subject to the choice of the interaction function.

As already noted, the evolution of the interacting scenario at the background level is
influenced by the equation-of-state of DM, the new ingredient of the interacting scenario.
Similarly, the equation-of-state of DM, could equally affect the evolution of the interacting
scenario at the perturbation level and, consequently, the resulting perturbation equations
become different than the perturbation equations for wdm = 0. In the following we describe
the evolution of the interacting scenario at the level of perturbations.

In a general gauge, the scalar perturbations of the flat FLRW metric are given by [100–
102]

ds2 = a2(τ)

[
− (1 + 2φ)dτ2 + 2∂iBdτdx

i +

{
(1 − 2ψ)δij + 2∂i∂jE

}
dxidxj

]
, (2.13)

where τ is the conformal time and φ, B, ψ, E are the gauge-dependent scalar perturbations
quantities. The four-velocity of the fluid A = {de, dm} represents either DE or DM, is given
by [64, 71]:

uµ
A = a−1(1 − φ, ∂ivA), (2.14)

where vA is the peculiar velocity potential of the fluid A whose relation with the volume
expansion in the Fourier space k is given by θA = −k2(vA+B). In the interacting background
characterized by the evolution equations in (2.1), a general energy-momentum transfer can
be divided relative to the total four-velocity as [64, 71]

Qµ
A = Q̃Au

µ + Fµ
A, (2.15)

where Q̃A = QA +δQA and Fµ
A = a−1(0, ∂ifA); here QA refers to the background term of the

interaction rate, and fA is a momentum transfer potential. The perturbed energy-momentum
transfer four-vector can be decomposed as [64, 71]

QA
0 = −a[QA(1 + φ) + δQA], (2.16)

QA
i = a∂i[QA(v +B) + fA], (2.17)

The perturbed energy and momentum balance equations for each fluid A can be derived
easily as follows [64, 71]

δρ′

A +3H(δρA +δpA)−3(ρA +pA)ψ′ −k2(ρA +pA)(vA +E′) = aQAφ+aδQA, (2.18)

δpA +[(ρA +pA)(vA +B)]′ +4H(ρA +pA)(vA +B)+(ρA +pA)φ= aQA(v+B)+afA, (2.19)

– 4 –



J
C
A
P
0
7
(
2
0
2
3
)
0
6
4

where the prime denotes the derivative with respect to the conformal time τ , and H is
the conformal Hubble rate. Note that to derive the above equations we have neglected the
presence of the anisotropic stress in the energy-momentum tensor [64]. While one can consider
the presence of the anisotropic stress in the energy-momentum tensor and as a result, the
resulting equation (2.19) will include an extra term due to the anisotropic stress, see ref. [64].
Now introducing the density contrast as δA = δρA/ρA, one can find the evolution equations
for the density perturbations and velocity perturbations of the fluid A [64, 71]

δ′

A+3H(c2
sA−wA)δA+9H2(1+wA)(c2

sA−c2
aA)

θA

k2
+(1+wA)θA−3(1+wA)ψ′

+(1+wA)k2(B−E′)=
a

ρA
(−QAδA+δQA)+

aQA

ρA

[
φ+3H(c2

sA−c2
aA)

θA

k2

]
, (2.20)

θ′

A+H(1−3c2
sA)θA−

c2
sA

(1+wA)
k2δA−k2φ=

a

(1+wA)ρA

[
(QAθ−k

2fA)−(1+c2
sA)QAθA

]
, (2.21)

where c2
sA is the physical sound speed of the fluid A in the rest frame (rf), defined as c2

sA =
(δpA/δρA)|rf and c2

aA is the adiabatic sound speed of the fluid A defined as c2
aA = p′

A/ρ
′

A =
wA + w′

A/(ρ
′

A/ρA). These are the general equations of the interacting scenario between DE
and DM at the level of perturbations where wA denotes the equation-of-state parameter of
the fluid A. However, when DE is represented by the vacuum energy sector characterized by
the equation-of-state −1, then the evolution equations of the interacting vacuum model at the
level of perturbations will be much simplified that we shall describe below. Now, focusing on
the general equations, one can notice that for a barotropic fluid, c2

sA = c2
aA, and in addition,

if wA is constant, then c2
sA = c2

aA = wA. Now if we consider that DE is an adiabatic fluid,
then c2

s,de = c2
a,de = wde < 0, and hence cs,de becomes imaginary and as a result we encounter

with the instabilities in the DE sector. Therefore, in order to fix this issue, one needs to
impose c2

s,de > 0 by hand [103] and set a positive value for c2
s,de. The natural choice for c2

s,de

is 1 as obtained in the scalar field models [64]. This is what is done in the cosmological
packages, e.g. CAMB2 and others. In our case we have a simple cosmological scenario
in which vacuum energy interacts with the DM sector, hence the resulting perturbations
equations will be different from the non-interacting cosmological scenarios involving DE and
DM as described in [101] for both the synchronous and conformal Newtonian gauges. Here,
we work in the synchronous gauge, that means, φ = B = 0, ψ = η, and k2E = −h/2 − 3η
(h, η denote the metric perturbations). Within this present interaction scheme, one can see
that the evolution equations at the perturbations level take simple forms. We adopt the
methodology already described in refs. [46, 70, 104]. We consider an energy flow parallel to
the 4-velocity of the non-cold DM: Qµ

dm = −Quµ
dm [46, 70, 104]. In this case, the DM follows

the geodesics [104, 105] which means that in the non-cold DM comoving frame, the vacuum
energy perturbations vanish [46, 70, 104]. Subsequently, for the non-cold DM, the evolution
equations for the density perturbations (δdm) and the velocity perturbations (θdm) for the

2https://camb.info/.
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Parameter Prior

Ωbh
2 [0.005, 0.1]

Ωdmh
2 [0.01, 0.99]

τ [0.01, 0.8]

ns [0.5, 1.5]

log[1010As] [2.4, 4]

100θMC [0.5, 10]

wdm [0, 1]

ξ [−1, 1]

Table 1. We show the flat prior used on the cosmological parameters varied independently during
the statistical analysis.

interaction function of eq. (2.5) can explicitly be recast as

δ′

dm = −(1 + wdm)

(
θdm +

h′

2

)
− 3H(c2

s,dm − wdm)

[
δdm + 3H(1 + wdm)

θdm

k2

]

− 3Hξ
ρde

ρdm

[
δdm − 3H(c2

s,dm − wdm)
θdm

k2

]
, (2.22)

θ′

dm = −H(1 − 3c2
s,dm)θdm +

c2
s,dm

(1 + wdm)
k2δdm

+ 3Hξ
ρde

ρdm

[
θdm − (1 + c2

s,dm)θdm

1 + wdm

]
(2.23)

where c2
s,dm is the physical sound speed of non-cold DM in the rest frame. As the DM sector

is responsible for the structure formation of the universe, so the sound speed of non-cold DM
is assumed to be c2

s,dm = 0. Thus, having the evolution equations of the dark components at
the level of background and perturbations, one can now proceed to constrain the interacting
scenario using the available cosmological probes.

3 Observational data sets

Here we describe the observational data sets that we used to constrain the interacting sce-
nario.

1. Cosmic Microwave Background Radiation: Cosmic Microwave Background
(CMB) data from Planck 2018 [1, 106] have been used. In particular, we have used the
CMB temperature and polarization angular power spectra plikTTTEEE+lowl+lowE.

2. Lensing: CMB Lensing reconstruction likelihood from Planck 2018 team [107] has
been considered.

3. Baryon acoustic oscillations: baryon acoustic oscillations (BAO) distance measure-
ments from various astronomical surveys, such as 6dFGS [108], SDSS-MGS [109], and
BOSS DR12 [110] have been considered in the analysis.

4. Pantheon: we also include the Pantheon catalogue of the Type Ia Supernovae [111].

– 6 –
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Parameters CMB CMB+Lensing CMB+BAO CMB+Pantheon CMB+Lensing+BAO+Pantheon

Ωbh2 0.02248+0.00017+0.00035
−0.00017−0.00033 0.02249+0.00016+0.00032

−0.00016−0.00032 0.02250+0.00016+0.00032
−0.00016−0.00031 0.02247+0.00016+0.00033

−0.00017−0.00032 0.02252+0.00015+0.00031
−0.00015−0.00030

Ωdmh2 0.077+0.033
−0.056 < 0.14 0.082+0.055

−0.036 < 0.14 0.104+0.023+0.036
−0.015−0.040 0.109+0.013+0.022

−0.011−0.024 0.112+0.011+0.020
−0.009−0.020

100θMC 1.0436+0.0024+0.0049
−0.0036−0.0046 1.0433+0.0020+0.0051

−0.0037−0.0043 1.0419+0.0008+0.0024
−0.0014−0.0021 1.04147+0.00065+0.0015

−0.00076−0.0014 1.04137+0.00054+0.0012
−0.00066−0.0012

τ 0.0534+0.0075+0.015
−0.0074−0.015 0.0526+0.0072+0.015

−0.0072−0.014 0.0541+0.0077+0.016
−0.0075−0.015 0.0533+0.0075+0.015

−0.0074−0.015 0.0539+0.0070+0.015
−0.0071−0.014

ns 0.9628+0.0046+0.0093
−0.0046−0.0088 0.9636+0.0042+0.0082

−0.0042−0.0082 0.9637+0.0042+0.0083
−0.0042−0.0083 0.9623+0.0044+0.0088

−0.0044−0.0089 0.9646+0.0039+0.0078
−0.0039−0.0078

ln(1010As) 3.046+0.015+0.030
−0.016−0.030 3.043+0.014+0.029

−0.014−0.028 3.046+0.016+0.032
−0.016−0.031 3.046+0.015+0.031

−0.015−0.030 3.044+0.014+0.028
−0.014−0.027

wdm 0.00122+0.00053
−0.00097 < 0.0025 0.00112+0.00047

−0.00091 < 0.0023 0.00115+0.00045
−0.00098 < 0.0025 0.00123+0.00052

−0.00099 < 0.0031 0.00108+0.00040
−0.00096 < 0.0023

ξ 0.11+0.14+0.17
−0.07−0.20 0.10+0.14+0.17

−0.08−0.19 0.048+0.053+0.12
−0.064−0.11 0.036+0.036+0.072

−0.036−0.072 0.025+0.032+0.063
−0.032−0.063

Ωm 0.21+0.07+0.19
−0.14−0.16 0.22+0.08+0.18

−0.14−0.17 0.270+0.057+0.10
−0.046−0.11 0.285+0.033+0.066

−0.032−0.066 0.289+0.028+0.055
−0.028−0.055

σ8 1.40+0.25+1.4
−0.80−0.9 1.32+0.18+1.5

−0.73−0.9 0.95+0.08+0.36
−0.20−0.28 0.898+0.062+0.17

−0.097−0.16 0.869+0.050+0.14
−0.082−0.13

H0 [Km/s/Mpc] 70.6+4.3+5.2
−2.4−6.0 70.3+4.3+5.4

−2.8−5.6 68.8+1.3+3.0
−1.6−2.7 68.2+1.0+2.1

−1.0−2.1 68.33+0.82+1.6
−0.81−1.5

S8 1.01+0.08+0.41
−0.23−0.27 0.98+0.06+0.40

−0.21−0.24 0.880+0.032+0.13
−0.071−0.11 0.869+0.028+0.070

−0.038−0.066 0.849+0.022+0.056
−0.031−0.052

rdrag [Mpc] 146.80+0.33+0.64
−0.33−0.65 146.91+0.29+0.56

−0.29−0.57 146.90+0.31+0.61
−0.31−0.63 146.78+0.33+0.64

−0.33−0.65 146.98+0.27+0.53
−0.27−0.53

Ωmh2 0.100+0.037+0.071
−0.053−0.068 0.105+0.055+0.067

−0.036−0.070 0.127+0.023+0.037
−0.015−0.040 0.132+0.013+0.022

−0.011−0.024 0.135+0.011+0.020
−0.0092−0.020

Table 2. 68% and 95% CL constraints on the IWDM scenario are presented for CMB,
CMB+Lensing, CMB+BAO, CMB+Pantheon and CMB+Lensing+BAO+Pantheon data sets.

Parameters CMB CMB+BAO CMB+Pantheon

Ωbh
2 0.02233+0.00015+0.00030

−0.00015−0.00029 0.02233+0.00014+0.00028
−0.00014−0.00029 0.02233+0.00015+0.00029

−0.00015−0.00029

Ωdmh
2 0.1169+0.0037+0.0054

−0.0020−0.0065 0.1186+0.0011+0.0022
−0.0011−0.0022 0.1178+0.0022+0.0038

−0.0017−0.0042

100θMC 1.04111+0.00035+0.00075
−0.00039−0.00068 1.04101+0.00029+0.00059

−0.00029−0.00058 1.04106+0.00032+0.00062
−0.00032−0.00063

τ 0.0551+0.0076+0.016
−0.0075−0.015 0.0546+0.0073+0.016

−0.0081−0.015 0.0547+0.0076+0.016
−0.0076−0.015

ns 0.9674+0.0048+0.0098
−0.0048−0.0092 0.9658+0.0038+0.0076

−0.0039−0.0075 0.9665+0.0042+0.0081
−0.0042−0.0083

ln(1010As) 3.048+0.016+0.033
−0.016−0.031 3.046+0.016+0.032

−0.016−0.031 3.046+0.016+0.032
−0.016−0.032

wdm < 0.0013 < 0.0030 < 0.00072 < 0.0012 < 0.0010 < 0.0020

Ωm 0.290+0.027+0.038
−0.014−0.047 0.3030+0.0082+0.015

−0.0075−0.016 0.297+0.017+0.027
−0.012−0.030

σ8 0.835+0.012+0.045
−0.026−0.035 0.824+0.010+0.024

−0.014−0.022 0.829+0.012+0.032
−0.018−0.028

H0 69.5+1.0+4.3
−2.4−3.2 68.36+0.58+1.3

−0.70−1.2 68.88+0.90+2.6
−1.48−2.2

S8 0.821+0.020+0.036
−0.018−0.039 0.828+0.013+0.026

−0.013−0.025 0.825+0.016+0.031
−0.016−0.031

rdrag 147.17+0.31+0.62
−0.31−0.61 147.10+0.26+0.49

−0.26−0.51 147.13+0.28+0.56
−0.28−0.56

Ωmh
2 0.1398+0.0037+0.0053

−0.0019−0.0065 0.1416+0.0011+0.0021
−0.0011−0.0022 0.1408+0.0022+0.0037

−0.0016−0.0041

Table 3. Summary of the observational constraints at 68% and 95% CL on the first simplest extension
of the ΛCDM cosmological model (Non-interacting scenario 1) where the dark energy equation of state,
wde = −1, and the CDM part has been replaced by the non-cold DM characterized by wdm using
three important data sets, namely, CMB, CMB+BAO, and CMB+Pantheon.

To constrain the interacting scenario, we make use of the modified CosmoMC pack-
age [112]. This package is freely available and supports Planck 2018 likelihood [106]. Ad-
ditionally, CosmoMC package is equipped with convergence diagnostic by Gelman and Ru-
bin [113]. In table 1 we display the priors on the free parameters of this model, that are, the
baryon density Ωbh

2, the dark matter density assumed to be non-cold instead of cold Ωdmh
2,

the optical depth τ , the spectral index and the amplitude of the primordial scalar perturba-
tions ns and As, the ratio of the sound horizon to the angular diameter distance θMC , the
equation of state of the non-cold DM wdm, and the coupling parameter of the interaction
function Q(t) between the non-cold DM and the vacuum ξ.
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Figure 1. We show the one dimensional posterior distributions and two dimensional joint contours
for the most relevant parameters of the IWDM scenario using several observational data sets, namely,
CMB, CMB+Lensing, CMB+BAO, CMB+Pantheon and CMB+Lensing+BAO+Pantheon.

4 Results

In table 2 and figure 1 we summarize the constraints on the interacting sce-
nario for various cosmological probes, namely, CMB, CMB+Lensing, CMB+BAO,
CMB+Lensing+BAO+Pantheon. The two key free parameters of this scenario are the cou-
pling parameter ξ and the eos of DM, wdm.

We begin by discussing the constraints on the interacting scenario for CMB alone and
then gradually investigate the effects of other cosmological probes as they are added to
CMB. For CMB alone, we find an indication for a non-cold DM at more than 68% CL
(wdm = 0.00122+0.00053

−0.00097 at 68% CL). This supports the decay of the non-cold DM in vacuum
(i.e. an energy transfer from non-cold DM to vacuum) because we also notice an indication
for a non-zero coupling at more than 68% CL (ξ = 0.11+0.14

−0.07 at 68% CL). Due to the transfer
of energy from the non-cold DM to the vacuum, we detect a smaller amount of DM which
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Figure 2. We present the CMB TT, TE, and EE spectra for the IWDM scenario for various values
of the DM equation-of-state parameter wdm in comparison with the ΛCDM scenario. Regarding the
CMB TT spectra, for the upper right panel, we have used the logarithmic scale to more accurately
show the effects in the low multipole regime, that are not so clear in the upper left panel, where we
instead prefer a linear scale.
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Figure 3. We show the matter power spectra for the IWDM scenario for various values of the DM
equation-of-state parameter wdm in comparison with the ΛCDM scenario.

is clearly reflected by the estimated value of the matter density parameter Ωm = 0.21+0.07
−0.14

at 68% CL (for CMB alone) compared to the ΛCDM value obtained from Planck [1]. It
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Figure 4. One dimensional posterior distributions and two dimensional joint contours for the most
relevant parameters of the Non-interacting scenario 1 using three important data sets, namely, CMB,
CMB+BAO, CMB+Pantheon.

is worth noting that given only an upper limit on Ωdmh
2 in the CMB only case due to

the interaction, and given the strong correlation with many parameters of the model (see
figure 1), this produces highly non-Gaussian posteriors for all of them. Furthermore, this
results in a higher value of the Hubble constant (H0 = 70.6+4.3

−2.4 km/s/Mpc at 68% CL for
CMB alone) than the H0 value obtained by Planck alone (within the ΛCDM paradigm) [1]
due to the anti-correlation existing between H0 and Ωm, see figure 1. Actually, the positivity
of the coupling parameter (i.e. ξ > 0) implies an energy flow from the non-cold DM to the
vacuum sector which produces as effect a lower value of Ωm and, consequently, a higher value
of H0 is returned. We also notice a very large error bars on H0 due to an increase in the
volume of the parameter space. As a result, the H0 constraint is significantly relaxed due
to such large error bars, and as a result, the 5σ tension on H0 between Planck (within the
ΛCDM paradigm) [1] and the SH0ES (Supernovae and H0 for the Equation of State of dark
energy) collaboration (H0 = 73.04 ± 1.04 km/s/Mpc) [114] is reduced to 1σ for this case. It
should be noted that this alleviation of the H0 tension depends on the shift in the mean value
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Parameters CMB CMB+BAO CMB+Pantheon

Ωbh
2 0.02236+0.00015+0.00030

−0.00015−0.00030 0.02232+0.00015+0.00029
−0.00015−0.00030 0.02233+0.00015+0.00029

−0.00015−0.00029

Ωdmh
2 0.1166+0.0037+0.0055

−0.0020−0.0066 0.1176+0.0025+0.0040
−0.0016−0.0045 0.1176+0.0032+0.0048

−0.0018−0.0057

100θMC 1.04115+0.00035+0.00075
−0.00039−0.00069 1.04108+0.00032+0.00064

−0.00032−0.00064 1.04107+0.00034+0.00070
−0.00033−0.00065

τ 0.0546+0.0077+0.016
−0.0076−0.015 0.0548+0.0075+0.016

−0.0075−0.015 0.0548+0.0073+0.016
−0.0078−0.015

ns 0.9679+0.0048+0.0097
−0.0048−0.0092 0.9666+0.0043+0.0083

−0.0043−0.0083 0.9665+0.0046+0.0093
−0.0046−0.0090

ln(1010As) 3.046+0.016+0.033
−0.016−0.032 3.047+0.016+0.032

−0.016−0.032 3.047+0.016+0.032
−0.016−0.031

wdm < 0.0013 < 0.0030 < 0.0011 < 0.0022 < 0.0011 < 0.0025

wde −1.52+0.18+0.48
−0.30−0.43 −0.966+0.073+0.15

−0.072−0.14 −1.004+0.040+0.088
−0.046−0.081

Ωm 0.186+0.016+0.089
−0.050−0.060 0.305+0.012+0.022

−0.011−0.023 0.294+0.017+0.028
−0.012−0.031

σ8 0.990+0.092+0.12
−0.042−0.15 0.820+0.019+0.038

−0.019−0.037 0.832+0.015+0.034
−0.018−0.032

H0 88+12+14
−5−17 67.9+1.4+2.9

−1.6−2.9 69.1+1.1+2.7
−1.4−2.5

S8 0.769+0.021+0.058
−0.034−0.050 0.827+0.014+0.027

−0.013−0.026 0.824+0.017+0.032
−0.017−0.034

rdrag 147.20+0.32+0.63
−0.31−0.60 147.14+0.29+0.55

−0.29−0.56 147.13+0.30+0.61
−0.31−0.61

Ωmh
2 0.1396+0.0037+0.0054

−0.0019−0.0066 0.1405+0.0025+0.0040
−0.0016−0.0045 0.1405+0.0032+0.0047

−0.0017−0.0057

Table 4. Summary of the observational constraints at 68% and 95% CL on the second extension of
the ΛCDM cosmological model (Non-interacting scenario 2) where the dark energy equation of state,
wde, has been kept free and the CDM part has been replaced by the non-cold DM characterized by
wdm using three important data sets, namely, CMB, CMB+BAO, and CMB+Pantheon.

of H0 and mainly on the increased error bars, caused by the increase in the volume of the
parameter space. The equation-of-state of the non-cold DM, wdm, plays no role in alleviating
the H0 tension, it is the interaction between the dark components. As seen from figure 1, no
correlation (anti-correlation) is observed between H0 and wdm unlike the existing correlation
(anti-correlation) between H0 and ξ (Ωm).

The inclusion of CMB Lensing to the CMB temperature and polarization data (i.e.
CMB+Lensing) offers results almost similar to those of the CMB alone. For example, also
here we obtain an upper limit on Ωdmh

2 because of the interaction, which is reflected on highly
non-Gaussian posteriors for the parameters correlated with it. This analysis also indicates an
existence of non-cold dark matter at more than 68% CL (wdm = 0.00112+0.00047

−0.00091 at 68% CL)
and of a non-zero coupling in the dark sector at more than 68% CL (ξ = 0.10+0.14

−0.08 at 68% CL),
alleviating the H0 tension within 1σ. Similar to the CMB alone case as described above, the
high value of H0 is due to the interaction between the non-cold DM and the vacuum sector but
not to the equation-of-state in the non-cold DM, wdm. Again we note that the alleviation on
the H0 tension is driven mainly by its very high error bars caused by an increase in the volume
of the parameter space rather than the actual shift in the mean value of H0. Analogous to
the CMB alone case, here too, the equation-of-state of the non-cold DM, wdm, plays no role
in alleviating the H0 tension, but this is due to the interaction between the dark components.

When BAO data are added to CMB, we observe some changes in the constraints. In
particular, we observe that the mean values of the cosmological parameters are shifted to-
wards the ΛCDM values, while an indication for a non-cold DM is still retained at more
than 68% CL (wdm = 0.00115+0.00045

−0.00098 at 68% CL for CMB+BAO). Unlike the previous two
cases, here the coupling parameter is back in agreement with ξ = 0 within 1σ and the mean

– 11 –



J
C
A
P
0
7
(
2
0
2
3
)
0
6
4

146.4 147.6

rdrag

−2

−1.6

−1.2

−0.8

w
d
e

0.16

0.24

0.32

0.4

Ω m

0.7

0.75

0.8

0.85

S
8

60

90

H
0

0.002 0.004

wdm

146.4

147.6

r
d
ra
g

2.0 1.6 1.2 0.8

wde

0.16 0.24 0.32 0.40

Ωm
0.70 0.75 0.80 0.85

S8

60 90

H0

Non-interacting scenario 2: CMB

Non-interacting scenario 2: CMB+BAO 

Non-interacting scenario 2: CMB+Pantheon

Figure 5. One dimensional posterior distributions and two dimensional joint contours for the most
relevant parameters of the Non-interacting scenario 2 using three important data sets, namely, CMB,
CMB+BAO, CMB+Pantheon.

value of the coupling parameter is decreased to ξ = 0.048+0.053
−0.064 at 68% CL. Hence, we find

no strong evidence of ξ 6= 0 for this dataset since both positive and negative values are
equally allowed in 1 standard deviation. Due to the positive correlation between ξ and H0,
the reduction in the mean value in ξ implies a reduction in the mean value of H0 = 68.8+1.3

−1.6

km/s/Mpc at 68% CL and consequently we find a higher value of Ωm = 0.270+0.057
−0.046 than the

previous two constraints obtained in CMB only and CMB+Lensing cases. We note a shift
in the mean value of H0 away from the SH0ES measure [114]. Finally, we note that the H0

tension between Planck (within the ΛCDM paradigm) [1] and the SH0ES collaboration [114]
is however reduced to 2.6σ and this reduction is mainly influenced by the large error bars in
H0, not due to the presence of wdm.

The inclusion of Pantheon to the CMB shifts the mean values of the parameters to
the ΛCDM values but the indication for a non-cold DM (wdm 6= 0 at more than 68% CL)
is kept: wdm = 0.00123+0.00052

−0.00099 at 68% CL. Similar to the CMB+BAO analysis, we find no
clear evidence of a non-zero coupling. The correlation between ξ and H0 remains the same as
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observed in the previous cases and also the matter density parameter increases. Finally, we
note that the H0 tension between Planck (within the ΛCDM paradigm) [1] and the SH0ES
collaboration [114] is reduced to 3.4σ for this dataset combination. The reduction in the
H0 tension in this case is not comparable to the CMB and CMB+Lensing analyses since we
notice (i) a shift in the mean value of H0 away from the SH0ES estimate [114], and (ii) the
error bars on H0 are stronger than both CMB and CMB+Lensing analyses. Similar to the
earlier cases, we confirm that wdm does not affect H0.

For the most complete dataset, i.e. CMB+Lensing+BAO+Pantheon, we get the most
stringent constraints on the interacting scenario. We still find a non-zero value of the DM eos
at more than 68% CL (wdm = 0.00108+0.00040

−0.00096 at 68% CL). Similarly to the previous case (i.e.
CMB+Pantheon), we find no evidence for ξ 6= 0 and the mean value of ξ is further reduced
with respect to CMB+Pantheon. The Hubble constant turns out to be H0 = 68.33+0.82

−0.81

km/s/Mpc at 68% CL, which in any case reduces the 5σ tension between Planck (within
the ΛCDM paradigm) [1] and the SH0ES collaboration [114] down to 3.6σ. We note that
the slight increase in the mean value of H0 with respect to the Planck’s estimate within the
ΛCDM paradigm [1] is solely responsible for the energy flow from the non-cold DM sector
to the vacuum sector (i.e. ξ > 0) since, due to the existing anti-correlation between H0 and
Ωm as explained previously, we have a slight increase in the mean value of H0. However, the
dark matter equation-of-state, wdm, does not affect H0 in any way.

We also analyze the impacts of the IWDM scenario on the CMB power spectra and
matter power spectra for different values of wdm as well as the coupling parameter ξ. In
figure 2 we plot the CMB TT, TE, and EE spectra by setting the cosmological parameters
to the best fit values of the parameters obtained from CMB+Lensing+BAO+Pantheon data
analysis, with a fixed value of ξ = 0.025.3 We then consider different values wdm, starting from
wdm = 0, i.e. the usual interacting cold DM scenario, up to 0.05 in different combinations,
together with the spectra representing the non-interacting ΛCDM cosmological model as the
reference scenario. Focusing on the CMB TT spectra, we see that the value of the equation-
of-state parameter of the non-cold DM, i.e. wdm, affects the entire CMB spectrum and this
effect increases for enhancement of wdm. In particular, as wdm increases, the amplitude of the
first acoustic peak, and in general, the amplitude of the odd peaks, in the CMB TT and TE
spectra is suppressed with respect to the non-interacting standard ΛCDM model (solid grey
curve) and the interacting cold DM (red dashed curve). However, the amplitude of the second
acoustic peak, and in general, the amplitude of the even peaks, increases for increasing values
of wdm. In other words, we see changes in the ratio of odd and even numbered peak heights
of the TT (and TE) power spectrum. This effect resembles the one obtained by decreasing
the baryon density, because both of them are weakening the gravity: the asymmetry of
the oscillations is altered, and a reduction of the compression peaks (odd) compared to the
rarefaction peaks (even) is observed. We also see that the amplitude of the ISW plateau
in the low multipole regime (ℓ ≤ 100) of the CMB TT spectrum increases significantly by
enhancing wdm with respect to the ΛCDM and interacting cold DM scenarios, indicating a
dominance of the DE component. Finally, in figure 3 we show the increase of the amplitude
of the matter power spectrum as the wdm value increases.

3Note that IWDM with ξ = 0 and wdm = 0.01 or 0.05 as kept in the upper left plot of figure 2 refers to
the non-interacting scenario.
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4.1 IWDM and the non-interacting scenarios

After presenting the results on the IWDM scenario, we now proceed to investigate the
physics of the non-interacting scenarios, that means we aim to investigate the dark sec-
tors physics when Q is absent in the picture. We consider two very well known extensions
of the standard ΛCDM cosmological scenario, namely, (i) the cosmological scenario with
wde = −1 being the dark energy equation of state but the DM equation-of-state wdm is con-
stant (labeled as Non-interacting scenario 1), and (ii) the cosmological scenario where the
dark energy equation-of-state wde and the DM equation-of-state wdm are constants (labeled
as Non-interacting scenario 2). We note that Non-interacting scenario 1 has “seven free pa-
rameters” {Ωbh

2, Ωdmh
2, τ , ns log[1010As], 100θMC , wdm} and the Non-interacting scenario

2 has “eight free parameters” {Ωbh
2, Ωdmh

2, τ , ns log[1010As], 100θMC , wdm, wde}. We con-
strained both the scenarios considering three effective data sets, namely CMB, CMB+BAO
and CMB+Pantheon4 considering the flat priors on the parameters {Ωbh

2, Ωdmh
2, τ , ns

log[1010As], 100θMC , wdm} as in table 1 while we use [−3, 0] as the flat prior for wde. We
have considered the well known perturbations equations as described in ref. [101].

In table 3 and table 4, we present the observational constraints on these two scenarios for
CMB, CMB+BAO and CMB+Pantheon data sets. And in figure 4 and figure 5 we show the
corresponding graphical variations. From table 3, we notice that for all three data sets, wdm

does not exhibit any non-null behaviour in the Non-interacting scenario 1 and it is actually
consistent with wdm = 0 but interestingly we observe from figure 4 that wdm is correlated with
most of the parameters. However, we find that the Hubble constant takes a relatively higher
value compared to what we obtain in the ΛCDM paradigm by Planck 2018 collaboration [1].
This is mainly due to the existing correlation with wdm and H0 as seen in figure 4. For
Non-interacting scenario 2, we also do not find any evidence of wdm 6= 0, and all three data
sets indicate that wdm is consistent to zero. On the other hand, the dark energy equation
of state crosses the phantom divide line wde = −1.52+0.18

−0.30 at 68% CL in agreement with the
usual wCDM scenario [115]. When the external probes, namely, BAO and Pantheon are
independently added to CMB, the cosmological constant is restored. This effectively means
that this extended model has similar features as in the usual wCDM model. Contrary to
this, if we allow for an interaction between the dark sectors, we observe only a very weak
evidence (at more than 68% CL) of non-cold DM, as indicated by all the observational data
sets (see table 2). This observation is noteworthy because, based on the current observational
data, the presence of an interaction between DE and non-cold DM suggests that the non-cold
DM sector may not be entirely excluded, even though the evidence for such a sector remains
weak.

4.2 Bayesian evidence

The Bayesian evidence plays a very crucial role to understand the fitness of a cosmological
scenario with respect to a given set of cosmological probes and a given reference model. As
the IWDM is a new cosmological scenario, therefore, it is essential to understand the sound-
ness of the model. Concerning the reference model, the ΛCDM model is undoubtedly the
best choice for this purpose even though one can set a different reference model. In this work
we have considered the ΛCDM model as the reference model and performed the Bayesian

4While it is possible to perform various combinations as presented in table 2, however the intrinsic nature
of the cosmological scenarios does not change significantly, which does not indicate anything particularly
appealing.
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Dataset lnBij

CMB −2.5

CMB+Lensing −3.3

CMB+BAO −4.2

CMB+Pantheon −4.9

CMB+Lensing+BAO+Pantheon −5.1

Table 5. Summary of the lnBij values (i refers to IWDM and j refers to the reference model
ΛCDM) for all the data sets. The negative value in lnBij indicates that the data set prefers ΛCDM
over the IWDM scenario.

evidence analysis (see [116] for more details on the methodology). We have used the MCEvi-
dence package [117, 118] to compute the Bayes factor lnBij of the IWDM scenario compared
to the ΛCDM scenario for all the data sets (see table 5) where the negative value of lnBij

indicates that data prefer the ΛCDM model over the IWDM model. From the table 5, we
find that ΛCDM remains preferred over the interacting scenario proposed in this work. This
is due to the extra free parameters in the IWDM scenario compared to the ΛCDM model,
which are complicating the model and are therefore disfavored by Occam’s razor principle.
Note in fact that IWDM has two extra free parameters than the 6-parameter ΛCDM model.

5 Summary and conclusions

Cosmological scenarios in which DM and DE can exchange energies with each other have
been found very appealing both from a theoretical and observational perspective. Such sce-
narios are generalized versions of non-interacting cosmologies and offer a rich phenomenology
of the dark sector. In most of the interacting scenarios between DM and DE (even in the
non-interacting DE-DM scenarios), the equation of state of DM is assumed to be zero, which
means that the DM sector is assumed to be cold or pressure-less. While the assumption of a
pressure-less DM is a very natural choice that is motivated by the formation of structure of
our universe on the large scale and the marvellous success of the standard ΛCDM cosmology,
nevertheless, let us recall that the intrinsic nature of DM remained mysterious after a series
of astronomical tests. Furthermore, since the interaction between DE and DM involves an en-
ergy transfer between them, it cpuld therefore be argued that the abundances of the pressure-
less DM in the universe sector could be the result of a decaying DM with a non-vanishing
equation-of-state in DE during the evolution of the universe. The statement − “whether one
should consider a pressure-less DM or a non-cold DM” (alternatively, whether there is a non-
cold DM species in the universe sector) can continue to be debated, however, with the increas-
ing sensitivity in experimental data, probably the best approach is to consider a free-to-vary
equation-of-state of the DM and let observational data decide the most preferable scenario.

Following this, in this article, we have considered an interacting (non-cold) DM scenario
(labeled as “IWDM”) with the vacuum sector through a very well known interaction function
Q(t) = 3Hξρde. The vacuum sector has the equation-of-state wde = −1 and the (non-cold)
DM has a constant equation-of-state wdm which is free-to-vary in [0, 1]. Considering the evo-
lution of the IWDM scenario at both background and perturbation levels, we constrained the
scenario using a set of cosmological probes, such as CMB from Planck 2018, CMB+Lensing,
CMB+BAO, CMB+Pantheon and CMB+Lensing+BAO+Pantheon (see section 3 for the
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details of the data sets). The results are summarized in table 2 and figure 1. We find that
wdm remains non-zero at more than 68% CL for all observational data sets. This means that
the existence of a non-cold DM (albeit slight) in the universe sector cannot be discarded. The
coupling parameter ξ remains non-zero at more than 68% CL for CMB and CMB+Lensing
which signals an energy transfer from DM to DE. However, for the remaining data sets, i.e.
for CMB+BAO, CMB+Pantheon and CMB+Lensing+BAO+Pantheon, we find no strong
evidence for ξ 6= 0. We also find that the existing 5σ tension on the Hubble constant be-
tween Planck (within the ΛCDM paradigm) [1] and the SH0ES collaboration [114] is reduced
by many standard deviations for the data sets used. We found that in this interacting
scenario, this tension on H0 is reduced down to 0.6σ (for CMB and CMB+Lensing), 2.5σ
(CMB+BAO), 3.3σ (CMB+Pantheon) and 3.6σ (CMB+Lensing+BAO+Pantheon). And
this reduction is mainly due to: (i) the energy flow from the non-cold DM to the vacuum
sector, and (ii) the large error bars on H0 as a result of the increase in the volume of the
parameter space. The inclusion of the dark matter equation-of-state does not affect H0 and
most of the constraints, see figure 1.

Additionally, we plot the CMB TT, TE, and EE spectra (figure 2) and matter power
spectra (figure 3) for the IWDM scenario with the goal to understand how differently the
values of wdm affect them. We find significant evidence in CMB TT spectra showing that
with the increase of wdm, the amplitude of the odd acoustic peaks in the CMB TT and TE
spectra is suppressed and the amplitude of the even acoustic peaks increases, relative to the
non-interacting ΛCDM and the interacting cold DM scenarios. Differences are also observed
in the low multipole regime (ℓ ≤ 100) of the CMB TT spectrum for increasing values of wdm,
affecting the ISW plateau. In the matter power spectra, the effects of the non-cold DM are
also captured where we see that the amplitude of the matter power spectrum increases as
wdm increases.

On another side, we have compared the IWDM scenario with two non-interacting
scenarios which are the minimal extensions of the ΛCDM cosmological model aiming to
distinguish between the interacting and non-interacting scenarios in the light of the non-
cold DM component. In tables 3 and 4 we have summarized the constraints on these non-
interacting scenarios considering three important data sets , namely CMB, CMB+BAO and
CMB+Pantheon. However, our results indicate that there is no evidence of wdm 6= 0 for any
of the data sets. This is in contrast to the IWDM scenario, where there is still a suggestion
of wdm 6= 0, albeit very weak, based on the data. According to the Bayesian evidence analy-
sis (table 5), the ΛCDM model still remains the favored cosmological scenario. However, it is
important to note that the IWDM scenario introduces two additional free parameters com-
pared to the ΛCDM model, so it is disfavored by the Occam’s razor principle. This is one of
the reasons why the ΛCDM model is consistently preferred over IWDM in our comparisons.

Based on the current outcomes, it could be argued that setting the equation-of-state
of DM to zero could make the underlying cosmological scenario simple but at the expense
of some important information loss regarding the dark sector. The cosmology with non-cold
DM may be more exciting as we note that such scenarios have not received much attention
without compelling reasons. We also add that the evolution of this interacting scenario
beyond the linear perturbation regime could be an interesting investigation. We trust that
with the emergence of potential cosmological probes in the near future more exciting news
on the non-cold DM cosmologies are yet to appear. We anticipate that this could herald the
beginning of a new era in cosmology.
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