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Abstract
We present a novel neurally based model for estimating angular velocity (AV) in the bee

brain, capable of quantitatively reproducing experimental observations of visual odometry

and corridor-centering in free-flying honeybees, including previously unaccounted for

manipulations of behaviour. The model is fitted using electrophysiological data, and tested

using behavioural data. Based on our model we suggest that the AV response can be con-

sidered as an evolutionary extension to the optomotor response. The detector is tested

behaviourally in silico with the corridor-centering paradigm, where bees navigate down a

corridor with gratings (square wave or sinusoidal) on the walls. When combined with an

existing flight control algorithm the detector reproduces the invariance of the average flight

path to the spatial frequency and contrast of the gratings, including deviations from perfect

centering behaviour as found in the real bee’s behaviour. In addition, the summed response

of the detector to a unit distance movement along the corridor is constant for a large range

of grating spatial frequencies, demonstrating that the detector can be used as a visual

odometer.

Author Summary

We are interested in how bees are capable of navigating complex environments. Experi-
mental evidence shows that they use an estimate of the speed that patterns move across
their compound eyes (angular velocity) to control their behaviour and avoid obstacles,
however the brain circuitry used to extract this information is not understood. We have
created a model that uses a small number of assumptions to demonstrate a plausible set of
circuitry. Since bees only extract an estimate of angular velocity they show differences
from the expected behaviour for perfect angular velocity detection, and our model repro-
duces these differences.
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Introduction
It has long been established that the honeybee Apis mellifera and other insects control aspects
of their flight by estimating the angular velocity (AV, the number of degrees per second sub-
tended by a movement across the visual field, independent of the spatial frequency of the stim-
ulus) of the environment around them. Examples include; positioning themselves laterally
while navigating a patterned corridor [1–3], estimating distance [2], and maintaining forward
velocity [4, 5]. They are capable of this behaviour over a wide range of perceived AV up to sev-
eral hundred degrees per second. In contrast, other aspects of flight control, such as opposing
rotations of the visual field (the classic optomotor response, which is the insect behaviour anal-
ogous to the vestibular-ocular reflex in vertebrates) are controlled by detecting the temporal
frequency (number of contrast edges per second, dependent upon the spatial frequency of the
visual stimulus) of the visual motion [6–8].

Currently the only elementary motion detection circuits experimentally identified in the
insect optic neuropils respond to temporal frequency, and use the Reichardt-Hassenstein
correlation detector architecture [9–17] replicated across a retinotopic array. A sub-popula-
tion of the descending neurons in the bee neck also show a response consistent with the
summed output of this retinotopic array [8]. These circuits therefore indicate a complete sen-
sori-motor pathway capable of reproducing a set of behaviours that vary with the spatial fre-
quency of the visual stimulus used. This can explain the classic optomotor response, but not
the many other aspects of flight control where behaviour remains largely invariant to spatial
frequency. In addition, the identified detectors only respond up to temporal frequencies of
10–100Hz [7, 8, 15, 18], far lower than those experienced in behavioural experiments on hon-
eybees [2]. Additional neural circuitry capable of calculating an estimation for AV must
therefore be present.

Ibbotson [18] recorded from descending neurons in the ventral nerve cord of the honeybee
and found two distinct responses to the presentation of moving grating patterns in the bee’s
field of view. The first group consists of temporal frequency responses consistent with the out-
put for Reichard-Hassenstein detectors, showing a characteristic peak in response at a temporal
frequency of 10Hz [8]. The second group shows a monotonically increasing response as the
AV of the stimulus increases up to 1000Hz, with most neurons recorded showing little variance
in response to changes in the spatial frequency of the stimulus. These neurons are descending
to the motor regions of the bee, thus the signals transmitted by them could be used to control
flight behaviour. As such, we believe that they provide the best existing evidence of what the
output of the AV estimating neural circuitry might be.

There is clearly a gap in understanding between the identified frequency-dependent reti-
notopic motion detection circuitry, and the largely frequency-independent descending neu-
rons which estimate AV. The lack of evidence for AV detection at the retinotopic level
indicates that the solution may be implemented elsewhere. In insects the passage of visual
information proceeds from sensory to motor via several pathways, the simplest of which pro-
ceeds retinotopically through the optic neuropils of the lamina and medulla to the lobula (or
lobula and lobula plate in flies), where retinotopy is lost through summation by the wide-
field neurons over their retinotopic inputs, then on to the posterior protocerebrum before
descending to the motor ganglia [19–24]. Since the AV estimating responses have been found
in the descending neurons, and not in the retinotopic regions, it therefore seems most likely
that the production of these responses is performed in between the lobula and descending
neurons.

The temporal frequency detection used in the optomotor response, and identified in the
retinotopic part of the insect brain, shares many properties with the AV tuned neurons. Both
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respond to motion in a single preferred direction [8, 18] and, at least for a subset of optomo-
tor neurons, are largely invariant to the contrast of the stimulus [2, 7]. Simpler insect species
that share the optomotor response with bees, such as Drosophila melanogaster, do not use
AV for flight regulation to the same extent (there is no AV based control of Drosophila
height regulation [25] when compared with the bee [26, 27]; but there is AV based Drosoph-
ila speed regulation [5]).

AV estimation could have evolved in several different ways. The two we concentrate on are
a circuit evolved separate to the optomotor circuit (as in some proposed models [28, 29]), or a
circuit evolved as an extension to the optomotor circuit (as we propose here). A separate AV
estimation circuit would have to exist as columnar circuits through the retinotopic regions of
the insect visual system, covering either some, or all, of the visual field. In contrast a circuit
comprising an extension to the optomotor circuit could combine outputs summed across all
or some of the visual field. Therefore each neuron in the former circuit must be replicated
across retinotopic locations, while the latter requires only a single neuron for each element in
the circuit.

The evolution of the AV response is difficult to determine, as it exists across orders
separated by hundreds of millions of years of evolution, however there are reasons to favour
the hypothesis of an AV estimating extension to the optomotor circuit over that of a
separate AV estimating circuit. Firstly there are energetic considerations. A complete addi-
tional retinotopic circuit requires orders of magnitude more neurons than an extension to the
optomotor circuitry, hence evolutionary fitness costs for the organism; fitness benefits from
such an arrangement would need to be substantial to offset this cost [30, 31]. Secondly there is
the complexity of adding a complete neural circuit as compared to an extension, which requires
only a few additional neurons. Thirdly, combining the outputs from existing elementary
motion detectors will reduce the amount of information transferred (as the same information
is used by the optomotor and AV estimating systems) and since information transfer is meta-
bolically costly [30, 32–34] this provides a less energetically costly solution, and it has been
shown that information rather than function is the key limit on miniaturisation [35].

An extension to the optomotor response circuitry could be constructed if there exist two or
more populations of Reichardt-Hassenstein detectors which responded maximally to different
temporal frequencies, possible evidence for which has been found in in the locust [36]. It has
been suggested that the ratio of two such populations can provide an estimation of AV [37].

We therefore propose a model for the AV response in the bee as an extension of the opto-
motor pathway, allowing different detectors to be constructed by drawing selectively from a
pool of elementary motion detectors with varying response timescales (due to spatial or tem-
poral differences) and calculating the desired final response by combining the selected
responses. We use the architecture of the elementary motion detectors found in Drosophila
[15], however the increased size of the neurons in the bee brain means that we are unable to
use the parameterisation of those detectors [30]. As there is a paucity of data with which to
constrain the neuron parameters in the bee brain, we use the simplest form of neuron model
to avoid an abundance of free parameters, with our chosen neuron model only requiring a
single time constant that determines the rate that inputs are integrated and also decay, while
containing dynamics to represent the time evolution of the signals found in the biological
system.

Despite the simple neuron model the connection architecture used is based on the circuits
found in the biology [15–18], with two key features assumed. Firstly, that there are populations
of elementary motion detectors with different peak temporal frequencies. Secondly, that the out-
put of these populations is summed by different wide field neurons in the lobula, and the resul-
tant summations are combined, likely in the posterior protocerebrum, to create an AV
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estimation which is passed to the ventral nerve cord, which Ibbotson recorded from [18]. We
can therefore define a model with few free parameters, which nonetheless integrates the currently
understood biology of the bee AV estimation circuit. The test of such a model is how well it is in
agreement with the behaviour found in real bees, and for this reason we validate the performance
of the model in a simulated environment against data taken from experiments conducted in the
field with real bees.

Results

A biologically constrained model of angular velocity estimation
Before describing the model in detail it is important to first describe the method used to tune
the free parameters of our model, as this procedure is devised to minimise the number of
assumptions we must make in parameterising the model.

While we assume the Reichardt-Hassenstein architecture as the basis for AV estimation
response, it is important to note that we do not assume the parameterisation of this architecture.
Instead we determine the parameters for the Reichardt-Hassenstein architecture by fitting our
complete model to the neural AV estimation response found by Ibbotson [18], and only follow-
ing this fitting do we investigate what response characteristics these parameters produce in the
Reichardt-Hassenstein detectors. If our model is consistent with our assertions these should
match the responses of the optomotor circuit detectors without further tuning. This provides
an initial test of the validity of the model, as by only fitting the output of the full model we
remove any assumptions about the time constants from the optomotor response literature.

Each single detector unit in the full model contains biological implementations of the Reich-
ardt-Hassenstein correlation detector (RHD) [11, 38] (the basic non-biologically implemented
RHD detector is shown in Fig 1). These detector units are replicated in a retinotopic array rep-
resenting the visual field of the bee across the array, and reproducing the columnar structure of
the bee lamina and medulla from input to output of each detector unit. We hereafter will refer
to an individual detector unit as an Angular Velocity Detector Unit (AVDU).

Each AVDU operates by responding to the coincidence between an event at one input loca-
tion and the delayed copy of an event at another location. The two channels in the detector
detect correlations in the progressive and regressive directions, and the difference gives an out-
put between -1 and 1; respectively these outputs correspond to anti-correlation and correlation
as measured in the progressive direction. The detector has a maximal response when the tem-
poral difference between the events at the two locations is equal to the delay.

To recreate the response functions found in honeybee descending neurons we implement the
suggestion of Zanker et al [37]. This involves considering the progressive and regressive arms of
the RHD individually (see Fig 1). If the output of the regressive arm is subtracted from the out-
put of the progressive arm with a scaling factor (F) of one, then the classical RHD described
above is produced. Such a detector shows strong dependence on the stimulus spatial frequency
and is unsuitable for calculating AV. If a value for F less than one is used then the spatial fre-
quency dependence of the detector reduces with the value of F [37]. Zanker et al [37] suggest
that the ratio of the outputs of the two half RHDs (F = 0) with different time constants can pro-
vide an invariant angular velocity response, but at the loss of directional tuning. We take this
ratio following summation over the two detector arrays, assuming that the ratio therefore takes
place after the lobula wide field neurons but before the descending neurons, most likely in the
posterior protocerebrum of the bee. In addition to these modifications we also seek to create the
detector in a biologically based manner, using rate-coded neural models.

The structure of the model, including a biological implementation of the RHD (referred to
here as the RHD-LIN—RHD-Leaky Integrator Neural unit) is shown in Fig 2. There are two
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types of square boxes (representing the neuron models) in the diagram, one with a t (which
represents a rate-coded Leaky Integrator Neural unit (LIN)), the other without (denoting an
adaptive-LIN).

Leaky Integrator Neural units (LINs) respond to their inputs xi and update the internal
activity a (analogous to the firing rate of the neuron) with a characteristic base time constant τb
as follows [39]:

_a ¼ ð�aþP
xiÞ

tb
:

The adaptive-LIN models the photoreceptors and first order neurons in the bee visual sys-
tem. To mimic the fast adaptation found in the photoreceptors and laminar monopolar cells
(LMC) [40, 41] of the bee these units consist of a simple slowly adapting activity level [39],
with a separate adaptation current:

_aPR ¼
ð�aPR � aþ xÞ

tPR
;

_a ¼ ð�aþ xÞ
ta

;

where aPR is the output activity level of the photoreceptor, x the input, τPR (set to 8ms) a char-
acteristic time constant, a the adaptation response, and τα (set to 15ms) the time constant of
the adaptation response.

Fig 1. Reichardt-Hassenstein detector. The detector tests whether input at the two locations (top) is
correlated in time, with peak response at the time constant τ. M represents multiplication, and—represents
subtraction. By taking the difference between the progressive and regressive circuits (in this case the right
arm is progressive and the left arm is regressive) the detector gives a response (bottom) from -I to +I, where I
is the maximum input to the detector, and a negative value indicates a reverse correlation. The architecture of
this detector forms the basis of the retinotopic layers of the model, however the form is modified by the
addition of neural dynamics on both arms of the detector. Further details can be found in the text.

doi:10.1371/journal.pcbi.1004887.g001

Modelling Bee Angular Velocity Estimation

PLOS Computational Biology | DOI:10.1371/journal.pcbi.1004887 May 5, 2016 5 / 22



When testing this model one computational problem arises. In the ratio of the two RHD
units there is an asymptote as the denominator tends to zero, and the output tends to very high
values, which is undesirable and clearly not biologically plausible, as neurons have a maximum
firing rate. In addition, many neurons have a tonic firing rate, and we use this to set a lower
bound on the value of the denominator, preventing division by numbers close to zero. This
bound is set at 0.01.

To quantify the behaviour of the detector, two versions are used: a test system to test the
detector response curves to inputs, and a full system to test the model in a simulated virtual
environment, data from which can then be compared to experimental data from real bees.
These systems are detailed in the Methods.

The neurons recorded by Ibbotson show log-linear responses to
increasing AV
In order to tune our model to the response profiles of the AV estimating neurons recorded by
Ibbotson [18] we must first characterise their responses, an extension we have undertaken to the

Fig 2. The two versions of the AVDU detector. Left: with dynamic time constants; right: with delays. Squares indicate LIN units, circles indicate other
operations. In the centre we suggest the corresponding regions of the bee visual system for each stage of the detector. In both versions the input is first
temporally filtered in the input layer (first square), then is transmitted to two Reichardt-Hassenstein detectors (Fig 1). These either differ in the time constants
of the LINs (τ1 and τ2) or by fixed delays (d1 and d2) shown with gray backgrounds. A base time constant of τb = 1ms is used otherwise. A further LIN is used
to apply the subtraction, having a time constant of τR = 5ms, and then the division is performed in the final LIN following summation across all detectors in the
array. This final LIN has a time constant of τS = 100ms to smooth the output.

doi:10.1371/journal.pcbi.1004887.g002
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analyses performed in the original paper. To do this we extracted data from the paper and fitted
with linear, logarithmic and exponential functions (see Methods for details). The adjusted residu-
als for these fits are shown in the Supporting Information (S1 Appendices) and an example data
fitting is shown in Fig 3. For the majority (8/13) of the data the best fit was provided by a loga-
rithmic function, and the logarithmic fits had the highest average Adjusted R2 values of the three
forms (0.7422 vs 0.6914 for linear and 0.6343 for exponential)—demonstrating that the log-lin-
ear relationship is a suitable choice. There were, however, several sets of data that were not best
fitted by the logarithmic function, and instead were best fitted by a linear (1/13) or exponential
(4/13) functions. Some data were poorly fitted by all forms, and this was due to the large variance
in these data. A full table of all fitting values is presented in the Supplementary Material. The best
fit to the data is therefore log-linear overall, however there is clearly some variation in the exact
response profiles of the neurons. This variation, and possible explanations for it, will be explored
later in the discussion, however for the fitting we will assume log-linear response.

Model fitting I: Dynamical delays provide a better fit to the experimental
data than fixed delays
To fit the model to the experimental data we first partitioned the data into one set for fitting
(comprising the electrophysiological and anatomical data), and one set for testing (the beha-
vioural data). In fitting the model to the electrophysiological data we examined the effect of
two possible model design choices. First is the method of implementing the delay in the
RHD-LINs. Second is the method of rectification from the adaptive-LIN.

It is possible for the delay in the RHD-LIN to be implemented in a biologically plausible
manner in two different ways. First is a simple delay caused by differing axonal propagation
speed [42], which will induce minimal distortion to the delayed signal. The second is delay due
to the slow response of a neuron, whether by the use of a neurotransmitter with slow ion cur-
rents, or by slow dynamics in the membrane voltage of the whole neuron [43, 44]. This second
mechanism necessarily distorts the delayed signal. In the first, all LINs have identical time con-
stants and the delay in the RHD-LIN detectors are implemented as a fixed signal delay d (see
Fig 2). In the second, the delay channel LIN has a time constant τ which is greater than τb. It is
likely that in a real biological system the delay would be composed of a combination of these
two delay types, however given the short axonal distances in the bee brain it seems likely that
the dynamical delays would dominate. We seek here to investigate whether such a hypothesis
is consistent with the results from our model.

Fig 3. Example of fits to one data set from Ibbotson 2001. f(x) (response versus angular velocity) for log,
linear and exponential fits are shown with their R2 values.

doi:10.1371/journal.pcbi.1004887.g003
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We investigated these two different variants of the model on the criteria identified in the
previous result for the honeybee AV detector: a monotonically increasing log-linear response
to increasing AV.

The form of the input rectification used in these experiments was half-rectified offset-only
input (for details see the following section), as preliminary investigation showed that this
method gives the best log-linear response—this assertion is justified in the following section.

To analyse the dynamical delays we investigated a range of pairs of values for τ1 and τ2, keep-
ing one value fixed while varying the other; Fig 4 shows the results of this analysis. One possible
source of the dynamical delay is the synaptic decay, which holds an exponentially decaying value
of the input [45]. Different synaptic decay constants in the two different RHD-LIN detectors
could lead to different responses. The model presented here does not allow us to definitively sep-
arate the synaptic decay and the membrane dynamics of the simple neural models used, as these
are subsumed into the single global time constant for both rise and decay, however the difference
in the two time constants used can give an indication of the possible neural mechanisms.

First we investigated the two limiting cases for pairs of detector delays qualitatively, assum-
ing that the numerator of the division is always the response of the detector with the smaller
delay (see Fig 2). In the first case the delays are identical. Thus the responses of the two detec-
tors are almost the same (for small inter-ommatidial angles). In this case the detector response
will asymptote towards a flat response across all frequencies. The second case is where the
detector delays are vastly different. In this case the response of the detector with the smaller
delay will be decreasing asymptotically towards zero as the second detector increases, leading
to an exponential profile for the response of the whole model. We therefore expect that the
responses will vary between flat and exponential depending on the ratio of the delays, with the
absolute value of the delays determining the range of angular velocities over which this occurs.

In Fig 4 we see the responses of the model for different pairs of time constants. It is clear
that the results follow our qualitative analysis, with the response approaching a flat response
across all frequencies as the time constants become closer, and exponential as they separate.
Nevertheless, all chosen value pairs produce an approximately log linear response profile as

Fig 4. Comparison of the responses of dynamic time constant variants of the detector. (A) For a fixed
time constant (τ1) and varying long time constant (τ2). (B) for a fixed long time constant (τ2) and varying short
time constant (τ1). A best match to log-linear response for the 5/15ms time constant pair is found. All
responses shown are for the detector responding to offsets only. The desired log-linear response is shown by
the gray line.

doi:10.1371/journal.pcbi.1004887.g004
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angular velocity increases, with the exception of the 10ms-15ms pair. This indicates a large sta-
ble range of time constant pairs which can still produce the responses found in the experimen-
tal data of Ibbotson [18]. The pair that in both cases is qualitatively closest to log-linear is the
5ms-15ms pair, therefore these are chosen as the best fit for the experimental data.

The fixed delays were investigated using the same methodology as for the dynamical delays,
and the results can be seen in Fig 5. In general the fixed delays do not show a log-linear
response, but instead a linear or exponential response as angular velocity increases. This effect
could be compensated by a non-linearity in the response curve of the neuron, so this alone
does not discount the possibility that fixed delays could be used in the generation of angular
velocity tuned responses. Two of the fixed delay pairs are notable: the 2ms-15ms pair shows a
strong slope, which would be necessary for resolving accurately between angular velocities,
although the response becomes very large at high values of angular velocity; the 10ms-15ms
pair shows a long region that is approximately log-linear, but a weaker slope than the 2ms-
15ms pair. Both of these will therefore be analysed further in the following section.

Half rectification provides a better fit to the experimental data than no
rectification or full rectification
The adaptive-LIN responds to increases and decreases in luminance with positive and negative
output. While this is permissible for the photoreceptors and LMCs, which transmit sub-thresh-
old information, the neurons following these in the column in the bee medulla transmit infor-
mation as action potentials, and as such there is a biological constraint that their responses
cannot transfer both positive and negative changes (i.e. onsets and offsets respectively). There-
fore we shall test four methods of rectification of the adaptive-LIN output: the non-biological
case of no rectification—where both onset and offset information are allowed to propagate
(leaving the offset as a negative), half rectification where only onset information is propagated,
half rectification where the offset information is propagated, and full rectification where all
information is rectified and propagated. Of these these the half rectification is the most

Fig 5. Comparison of the responses of fixed delay variants of the detector. (A) For a fixed short delay
(d1) and varying long delays (d2). (B) For a fixed long delay (d2) and varying short delays (d1). A non-log linear
response curve for all delay pairs is shown. All responses shown are for the detector responding to offsets
only. The desired log-linear response is shown by the gray line.

doi:10.1371/journal.pcbi.1004887.g005
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biologically plausible, as it can be implemented using either excitatory or inhibitory output
from the LMC stage of processing.

The detector pairs identified in the previous two analyses are investigated further here. Fig 6
shows the results; in all cases using onsets and offsets with no rectification causes a large
increase in response at high angular velocities, and full rectification shows a decreased
response. Aside from low angular velocities, the onset and offset half-rectified response curves
are almost identical, and for the dynamical delay version of the model show a continued log-

Fig 6. The average response of the full detector is largely invariant to the spatial frequency or contrast
of the stimulus. The three plots show three different methods of the delay in the RHD-LIN detector, and the
graphs within show the four different types of input. (A) a log-linear response is found for the onset-only and
offset-only response curves. Both the rectified and non-rectified onset and offset response curves deviate
from log-linear at high values of AV. (B) and (C) all response curves deviate from log-linear.

doi:10.1371/journal.pcbi.1004887.g006
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linear response that provides the best match to the experimental data. Given that recent evi-
dence shows that onsets and offsets are processed in separate channels [15], it is interesting to
note that such a mechanism provides the best fitting log-linear response from the angular
velocity detector. For the purposes of this paper we will only model the offset channel as the
responses of the two channels are extremely close.

It should be noted that a variant of the model using the Barlow-Levick elementary motion
detector architecture was also tested. The results have been omitted as the detector both proved
unsuitable for creating a velocity-tuned detector, and did not match the ordering of the
responses to differing spatial frequency stimuli found in optomotor cells. Full details are pro-
vided in the Supporting Information (S1 Appendices).

An AVDU with a log-linear response to increasing AV consists of
RHD-LIN subunits with optomotor response properties
In the introduction we outlined the reasons why the classic optomotor neuron responses are
unsuitable for generating corridor-centering behaviour. The neural circuitry underlying the
optomotor response could, however, be utilised as part of the processing for an angular velocity
tuned neuron. Having found the time constants and delays that produce a log-linear response
to AV we now investigate if the RHD-LIN detectors comprising the AVDUmatch the proper-
ties of optomotor neurons in the honeybee.

The response of the RHD-LIN detectors to square wave gratings with spatial wavelengths of
11, 19 and 38 deg was tested by simulations using the Test system (see Methods) and extracting
the RHD-LIN outputs before the division stage of the AVDU. Fig 7 shows the responses of the
RHD-LIN detectors stimulated by three different spatial frequencies as the temporal frequency
is varied in black. The results for the same experiment from an optomotor cell are shown in
gray. The experimental response is characterised by a peak response around a temporal fre-
quency of 10Hz for all spatial frequencies, and a roll-off that follows the same trajectory for all
three spatial frequencies. There is also an ordering effect at low temporal frequencies and at the
maximum responses, with the 38 degree stimulus having the highest response, and the 11
degree stimulus the lowest. The 5ms dynamical delay RHD-LINs reproduce all of these fea-
tures, with the 15ms dynamical delay RHD-LIN missing the ordering at the peak; the fixed
delay RHD-LINs reproduce the ordering only at low spatial frequencies, in addition to the
*10Hz maximum response. Interestingly, none of the model detectors reproduce the high
response at low temporal frequencies that is found in the experimental data, suggesting that
the neural implementation of the detector may be slightly different.

These results indicate that the optomotor neural circuitry would be a suitable building block
in the creation of an AV-tuned response.

The best fit AVDU response shows both spatial frequency and contrast
invariance
The detector identified as most suitable by comparison to the responses of the velocity-tuned
and optomotor neurons (5/15ms dynamic delay detector) was tested for invariance to changes
in the spatial frequency and contrast of the stimulus, along with the direction of motion of the
stimulus. If the detector is a candidate for reproducing the corridor-centering behaviour then it
must show contrast and spatial frequency invariance and be directionally tuned as behavioural
data exhibit this [1, 2]. Fig 8 shows the results of the experiments, demonstrating clear invari-
ance over a range of angular velocities. Stimuli were all square wave gratings.
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The model accounts for the deviations from perfect corridor-centering in
bee behaviour, and can be used as the basis for visual odometry
Here we make contact with the behavioural literature, which is especially important in model-
ling work on the bee as there is an abundance of behavioural experiments for honeybees and

Fig 7. The average responses of the component RHD-LIN detectors for several spatial frequencies
compared to experimental data of optomotor neurons. Experimental data is from Ibbotson 2001 [18]. The
responses of the dynamical detectors (top two graphs) show a better match for the experimental data, notably
the shared roll-off, than the fixed delay detectors.

doi:10.1371/journal.pcbi.1004887.g007

Modelling Bee Angular Velocity Estimation

PLOS Computational Biology | DOI:10.1371/journal.pcbi.1004887 May 5, 2016 12 / 22



closely related species that can be used to test and add constraint to the model. We therefore
simulate the full system (see Methods for details) embedded in a virtual environment, and the
AVDU output is transformed into behaviour in the virtual environment using an established
control algorithm adapted from Serres et al [46]. We have chosen results that primarily test the
performance of the detector, rather than this control algorithm. The first experiment (Experi-
ment 1A, see Methods) tests the limitations of the spatial frequency invariance when presented
with narrow-band sinusoidal stimuli.

To compare our detector with the electrophysiological data we presented only square wave
stimuli, as these are the stimuli that were used in the original experiments; there are no
electrophysiological data on the performance of AV tuned neurons when presented with sinu-
soidal stimuli. To test the narrow-band performance of the detector we must therefore use
behavioural experiments; we use the work of Dyhr et al [3], who investigated the corridor-cen-
tering accuracy of bumblebees when presented with a range of sinusoidal stimuli with different
spatial frequencies.

Fig 9 shows the results of these experiments. The 0.5 ratio model does not match the experi-
mental data, while the other two models both reproduce the qualitative pattern of deviations of
the average flight path from the corridor centre observed in the data.

The second experiment we reproduced (Experiment 1B, see Methods) investigated the rela-
tionship between the wide-band (square wave) and narrow-band (sinusoidal) responses of the
detector. This is an important test of the model, as this relationship was not tested for in select-
ing the detector.

Fig 10 shows the results for the model with two values of F, compared with the experimental
results. Both ratios qualitatively reproduce the pattern found in the experimental data, with the
exception of the 0.6 c/deg square wave data.

Experiment 2 (see Methods) investigated the suitability of the detector for odometry. The
odometry that honeybees perform to find rewards is unaffected by the spatial frequency of the
environment [2], and therefore it is possible that the AV tuned neuron responses could be used
to estimate distance by summing the detector output over time and over all parts of the visual

Fig 8. The average responses of the full detector to different spatial frequencies and different
contrasts. The input has a spatial frequency of 19°, and the model F = 0.25. The response shows a clear
velocity tuning that is largely invariant to the spatial frequency or contrast of the stimulus, with the exception of
very low and high values of AV where there is greater variance.

doi:10.1371/journal.pcbi.1004887.g008
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field. We tested the model to see if this relationship holds with our detector, and the results can
be seen in Fig 11. The results show that for a wide range of spatial frequencies (0.1 to 0.6 c/deg)
the detector presented here can provide a response that can be used for odometry by integrat-
ing the response over time.

Methods

Fitting experimental data with curves
Experimental data from Ibbotson [18] was extracted using the g3data tool and fitted with lin-
ear, logarithmic and exponential functions using the lm linear regression function in R [47]
version 3.1.3. Errors introduced by use of the g3data tool are in all cases considerably less than
1% of the source plot axis length.

Fig 9. Centering performance of the model with F = 0.0 and F = 0.25 both agree with experimental data,
while performance with F = 0.5 does not. Experimental data are from Dyhr et al [3] for real bees. One wall is
held at a constant spatial frequency while the other is varied with sinusoidal patterns. Dashed lines indicate
the two points where the spatial frequencies of the two walls are equal, one for each of the two lines. The
model error bars show the variance of two runs with differing starting positions in the corridor.

doi:10.1371/journal.pcbi.1004887.g009
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Test system
The Test System consists of 200 input locations, corresponding to the AVDU‘photoreceptor’
stage, arranged into a 100x2 grid. AVDU detectors are oriented along the long axis, and there
is one for each pair of locations, giving 99 AVDUs per row, and 198 total. All detectors have a
preferred motion direction along the rows. The distance between the input locations corre-
sponds to two degrees of angle in the Beeworld virtual environment (Supporting Information,
S1 Appendices), given a 200x4 degree field of view.

All responses of the detectors to inputs were calculated by averaging the detector output for
the final second of a two second simulation with this system.

Full system
The Full System is designed to operate within a simulated corridor in our Beeworld virtual envi-
ronment (see Supporting Information, S1 Appendices). The input consists of a 32x32 layer of
simulated ommatidial locations, with detectors covering three subregions of this layer (left:

Fig 10. Centering performance of the model agrees with experimental data from real bees for F = 0.0
and 0.25. Experimental data is from Dyhr et al [3]. One wall was held at a constant spatial frequency while the
other is varied, with square wave and sinusoidal patterns.

doi:10.1371/journal.pcbi.1004887.g010
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rows 9–14 columns 1–12; right: rows 9–14 columns 20–32; centre: rows 1–6 columns 13–19)
(see Fig 12). All subregions are sensitive to motion away from the centre of the layer, along the
rows in the case of the left and right subregions, and the columns in the case of the bottom sub-
region. AVDUs cover each pair of locations (each location in the pair inputing into one of the

Fig 11. Odometry using the flight of the model bee. The simulated bee was flown in the for 5 seconds with
the same stimuli on both walls. The stimuli were square wave gratings with spatial frequencies from 0.1 to 0.8
cycles per degree when observed from the corridor centre. Post-simulation the distance in cm per unit of the
summed logged detector output is compared, and shows a consistent estimation of distance from the total
summed detector output until 0.6 cycles per degree.

doi:10.1371/journal.pcbi.1004887.g011

Fig 12. Layout of the full system showing subregions and AVDU placements. The input to the full
system consists of 32x32 ommatidial locations (blue grid), which are processed by AVDUs in three
subregions, left (green), right (red) and centre (orange). AVDUs (yellow circles) exist between the location
pairs sharing the edge they are located on. The preferred motion direction of each subregion is shown with an
arrow. Note that the 32x32 extent of the locations covers a field of view extending 260 degrees horizontally
and 180 degrees vertically.

doi:10.1371/journal.pcbi.1004887.g012
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‘photoreceptors’ in one of the AVDU arms) along this motion sensitive direction, so there are
11 AVDUs per row for the left and right subregions, and 5 AVDUs per column for the centre
subregion. These subregions contribute to single individual summation LINs (denoted by τs in
Fig 2) (i.e. three LINs total, one for each subregion), and the response of these separate summa-
tion LINs is used to guide the virtual honeybee by input into a flight controller. These summed
outputs will be refered to as SL, SR and SC for the left sum, right sum and centre sum respec-
tively. The field of view of the model is set to 260 degrees horizontally and 180 degrees verti-
cally, providing approximately 1/5 the resolution of the honeybee eye. As a controller we use
that proposed by Serres et al [46, 48]. The controller is configured using setpoints for the hori-
zontal, vertical and velocity controllers (respectively TX = 1.0, TZ = 0.5 and TV = 2TH). Scalings
are then applied to change the controller outputs into changes for one timestep to the horizon-
tal position X, vertical position Z and velocity V. Thus the equations for generating changes in
the simulated bee’s flight are:

DX ¼ sgnðSL; SRÞðmaxðSL; SRÞ � TXÞÞ=2:4

DZ ¼ ðSC � TZÞ=18:0

DV ¼ �ðSL þ SR � TVÞ=2:4
Where sgn(A,B) is positive for A> B and negative for A< B, andmax(A,B) is the maximum
value out of A and B.

Fitting the model to electrophysiological data
The model is tuned using the Test system. Square wave input is used as this is the input used in
the electrophysiological experiments [18], ranging from 10 deg/s to 1000 deg/s and with a
wavelength of 38 degrees.

Virtual behavioural experiments
It is important to verify the performance of the model against behavioural data. For this we
choose two experimental paradigms which require AV estimation to perform and compare our
simulated behaviour with data from the literature taken from ethological experiments per-
formed in the field with real bees. In these cases to reproduce the data we must substitute the
real world visual input to the real bees with virtual visual data input into our model. This is pro-
vided by a ray-traced environment (Beeworld, see Supporting Information: S1 Appendices).

Experiment 1: The corridor-centering paradigm. Bees were trained to repeatedly seek a
reward at one end of a corridor, with the entrance at the opposite end [1–3, 29, 49]. The bees
were able to centre themselves laterally in the corridor with only small deviations, regardless of
differences in the spatial frequency components of the patterns of the two corridor walls. The
ability to centre by itself is not of interest to testing the model, as any detector of AV (including
perfect detectors) will show this behaviour. Instead it is the deviations from perfect centering
that we will use to validate the model. We reproduce the magnitude and pattern of deviations
as the spatial frequencies on the two corridor walls are varied, as well as the deviations due to
the use of square wave and sinusoidal grating stimuli. The details of these two experiments are
given below.

It should be noted that all spatial frequencies described here are measured by the angular
frequency the bee would observe from the centre of the corridor, and since the spatial resolu-
tion of our model is approximately five times lower than that of the bee we present spatial fre-
quencies five times smaller. For all these experiments the Full system was used.
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Experiment 1A.Honeybees and bumblebees show a small tendency for the average flight
path to move towards a wall with a higher spatial frequency (e.g. up to 3cm in a 20cm wide
corridor) [3]. In the first experiment we reproduced, one wall was fixed at a spatial frequency
of 0.15 or 0.6 cycles per degree (c/deg) (0.03 or 0.12 c/deg for the model), while spatial fre-
quencies ranging from 0.05 to 0.8 were presented on the other wall. These walls are termed the
constant wall and the variable wall respectively. We used three different ratio levels for the
RHD-LIN detectors (0.0, 0.25, and 0.5). The model is deterministic, but two repetitions of the
model from different starting locations (3cm either side of the corridor centre at 6cm height
and 40 cm/s starting speed) are used. These two repetitions account for possible biases induced
by the starting position. Centering behaviour was consistent within each pair of runs, except
for the 0.12 c/deg pattern which has the least motion information. The model was run for five
seconds and the final position value was determined by averaging over the final two seconds of
flight.

Experiment 1B. Bees exhibit different deviations when square and sinusoidal gratings with
equal spatial frequencies are used. In these experiments one wall had a narrow-band pattern,
and the other wall either a narrow-band or wide-band pattern [3]. Two spatial frequencies
(0.15 and 0.6 c/deg (0.03 and 0.12 c/deg for the model)) were used for both walls, giving eight
combinations of pattern type and spatial frequency. The model was run for five seconds and
the final position value is determined by averaging over the final two seconds of flight.

Experiment 2: The bee visual odometer. This is used to calculate the distance bees have
flown and permit returning to a location a fixed distance from the hive. The odometer allows
bees to return to a fixed, rewarded, location in a corridor even when the spatial frequencies of
the patterns on the corridor walls are changed. If the tunnel carries no texture that can provide
optic flow cues, the bees cannot accurately return to the rewarded location [2]. This behaviour
also requires the calculation of the AV of the environment, without which the spatial frequency
of the walls would distort the distance recorded by the odometer. A mechanism for integrating
the AV signals over time is also required, however we do not explicitly model this here as such
a mechanism would be required for any distance mesasurement circuit.

To test the ability of the model to reproduce this behaviour the model bee was flown for 5
seconds with the same stimuli on both walls. The stimuli were square wave gratings with spatial
frequencies from 0.1 to 0.8 cycles per degree when observed from the corridor centre. Esti-
mated distance from post-simulation integration of the logged model output was then com-
pared with distance flown by the virtual bee, which was extracted from the simulation
environment. As the speed of the bee can vary, the summed output is standardised by dividing
by the total distance travelled by the virtual bee, to give the summed output per unit distance.
The following equation describes the metric used:

DE ¼
P5

t¼0ðSLðtÞ þ SRðtÞÞ
D

where DE is distance estimate—the summed detector output per unit of distance travelled in
the virtual environment, SL and SR are the summed AVDU detector array outputs at time t for
the left and right detector regions in the Full model, and D is the total distance travelled in the
virtual environment over the 5 seconds of simulation.

Simulation
The model, both in the form of the Test system and the Full system, is described in SpineML
and is simulated using the SpineML 2 BRAHMS code generation [50]. Code for the model can
be found at http://greenbrain.group.shef.ac.uk/research/vision/. Communication between
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Beeworld and the model is performed using SpineML TCP/IP interfaces through localhost. All
simulations are performed using a timestep of 0.1ms.

Discussion
We have presented a model, the Angular Velocity Detector Unit (AVDU), that reproduces
several behavioural patterns including previously unaccounted for observations in the bee cor-
ridor-centering response. These are: the deviation of the average flight path from the corridor
centre according to differences in spatial frequency of sinusoidal gratings on opposite walls,
and the deviations of the average flight path from the corridor centre for square wave and
sinusoidal gratings. In addition the AVDU can be used as the basis of the experimentally con-
firmed bee visual odometer, allowing bees to gauge distance by integrating the output from the
detector while navigating to a rewarded location. The model is based on the neural circuits
found in the insect brain and proposes a mechanism that can bridge the gap between the reti-
notopic elementary motion detection circuits in the visual neuropils [15–17] and the wide-
field AV estimating neurons in the ventral nerve cord [18] with minimal additional neural
circuitry.

Before discussing the behaviour of the model in detail we first consider the response of the
AV estimating neurons recorded by Ibbotson [18]. All neurons showed a monotonically
increasing response to angular velocity which was largely insensitive to spatial frequency, how-
ever there is large variation between the functions that best fit the data, ranging from log-linear
through to exponential. Interestingly, we find that as the parameters of the model are changed
to fit the data, a similar variation in the form of the response can be observed. One possible
explanation for these results is that the AV estimating neurons collectively constitute an
ensemble estimator, which is capable of more accurate AV estimation due to the steeper
response gradients of different neurons being combined selectively to produce motor
responses. Such a scheme would predict a range of Reichardt-Hassenstein detectors with differ-
ent delays or detector spacings (e.g. taking the correlation of every two ommatidial spacing
rather than every one) in the insect optic neuropils.

We adopted a two stage process to validate the AVDU; first we tuned the free model param-
eters based upon the response of the AV-sensitive descending neurons, then we tested the
AVDU against both electrophysiological data of the optomotor response and behavioural data.
By separating the tuning and testing stages we avoided overfitting the AVDU to the data; it is
not necessary that an AVDU that performs well in our fitting stage will also match the data in
the testing stage.

Patterns in the behavioural data from real bees are diagnostic of possible underlying mecha-
nisms. In the corridor-centering task a perfect AV detector would be completely insensitive to
the spatial frequency of the stimuli on the corridor walls. Therefore the mean horizontal flight
position in the corridor would be expected to be the centre, even with different spatial frequen-
cies on the corridor walls. An imperfect detector, however, will be offset from the centre except
in the cases where the two walls have the same spatial frequency. The direction and magnitude
of these offsets will depend on the differential response of the detector to different spatial fre-
quencies, and it is not clear a priori what the offsets should be. Having tuned our detector to
match idealised electrophysiological data it could not be directly expected from the tuning pro-
cedure that the AVDU would reproduce the offsets found experimentally, especially consider-
ing that the AVDU is tuned with broadband square-wave gratings and tested with narrowband
sinusoidal gratings. We find that the model does, however, reproduce the pattern of offsets
found behaviourally, excepting the lowest spatial frequencies (a deficit due to the fivefold
reduction in receptors in the model test system compared to a bee). The model also describes
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the relative offsets between square-wave and sinusoidal stimuli, which again could not be
expected from the tuning procedure.

Our model operates by combining the outputs from Reichardt-Hassenstein Detectors
(RHD) with different delay time constants to produce a response that estimates the AV of
motion of the environment. These are chosen as the Reichardt-Hassenstein circuitry has been
well validated as the basis of elementary motion detection in the insect optic neuropils in Dro-
sophila melanogaster [15–17]. The output of each RHD is consistent with the response profile
of the optomotor response. This allows the AV response to be generated by selectively sam-
pling from a pool of RHD detectors with different time delays. We therefore propose that the
AV response, along with other motion sensitive responses in the bee, arises from an evolution-
arily conserved set of elementary motion detectors. The advantages of such an organisational
structure are twofold. First, the optic neuropils of the bee consist of a highly columnar structure
from the photoreceptors through to the first layers of the lobula, followed by a set of wide field
neurons that extract information from across the visual field [19–23, 51]. Adding additional
columnar elements throughout the lamina, medulla and lobula would require extensive
changes to the optic neuropils. Conversely, adding neurons to combine the outputs of the rela-
tively few wide field neurons would not require such extensive changes, and is more conserva-
tive from an evolutionary perspective. Second, the energy requirements of the neurons in a
separate channel through columnar parts of the optic neuropils would be high (the energy cost
of the photoreceptors and LMCs alone in the blowfly are estimated to consume 10% of the
total required resting energy [30]), requiring significant evolutionary benefit to fitness for the
investment [31]. Our model therefore has fewer retinotopic information channels in the optic
neuropils (as the same information channels are used by the optomotor and AV estimating sys-
tems) and given the metabolically cost of information transfer [30, 32–34] is less energetically
costly than separate retinotopic AV and optomotor processing. Although this may not provide
as robust a measure of AV as may be possible with dedicated neural circuits, we suggest that
the energetic advantages could outweigh any disadvantages.

Supporting Information
S1 Appendix. Beeworld, Analysis of neuron responses and Barlow-Levick detector results.
A description of the Beeworld raytracer used to provide input to the models and the results of
assessing the performance of the Barlow-Levick form of coincidence detector in place of the
Reichardt-Hassenstein detectors.
(PDF)

Author Contributions
Conceived and designed the experiments: AJC. Performed the experiments: AJC. Analyzed the
data: AJC. Wrote the paper: AJC CS KG EV JARM.

References
1. Kirchner WH, Srinivasan MV. Freely flying honeybees use image motion to estimate object distance.

Naturwissenschaften. 1989; 76(6):281–282. doi: 10.1007/BF00368643

2. Srinivasan M, Zhang S, Lehrer M, Collett T. Honeybee navigation en route to the goal: visual flight con-
trol and odometry. J Exp Biol. 1996; 199(1):237–244. PMID: 9317712

3. Dyhr JP, Higgins CM. The spatial frequency tuning of optic-flow-dependent behaviors in the bumblebee
Bombus impatiens. J Exp Biol. 2010; 213(Pt 10):1643–50. doi: 10.1242/jeb.041426 PMID: 20435814

4. Barron A, SrinivasanMV. Visual regulation of ground speed and headwind compensation in freely flying
honey bees (Apis mellifera L.). J Exp Biol. 2006; 209(Pt 5):978–84. doi: 10.1242/jeb.02085 PMID:
16481586

Modelling Bee Angular Velocity Estimation

PLOS Computational Biology | DOI:10.1371/journal.pcbi.1004887 May 5, 2016 20 / 22

http://www.plosone.org/article/fetchSingleRepresentation.action?uri=info:doi/10.1371/journal.pcbi.1004887.s001
http://dx.doi.org/10.1007/BF00368643
http://www.ncbi.nlm.nih.gov/pubmed/9317712
http://dx.doi.org/10.1242/jeb.041426
http://www.ncbi.nlm.nih.gov/pubmed/20435814
http://dx.doi.org/10.1242/jeb.02085
http://www.ncbi.nlm.nih.gov/pubmed/16481586


5. Fry SN, Rohrseitz N, Straw AD, Dickinson MH. Visual control of flight speed in Drosophila melanoga-
ster. J Exp Biol. 2009; 212(Pt 8):1120–30. doi: 10.1242/jeb.020768 PMID: 19329746

6. Collett TS. Angular tracking and the optomotor response an analysis of visual reflex interaction in a hov-
erfly. J Comp Physiol A. 1980; 140(2):145–158. doi: 10.1007/BF00606306

7. Duistermars BJ, ChowDM, Condro M, Frye MA. The spatial, temporal and contrast properties of expan-
sion and rotation flight optomotor responses in Drosophila. J Exp Biol. 2007; 210(Pt 18):3218–27. doi:
10.1242/jeb.007807 PMID: 17766299

8. Ibbotson MR, Goodman LJ. Response characteristics of four wide-field motion-sensitive descending
interneurones in Apis Melufera. J Exp Biol. 1990; 148(1):255–279.

9. Egelhaaf M, Borst A, Reichardt W. Computational structure of a biological motion-detection system as
revealed by local detector analysis in the fly’s nervous system. J Opt Soc Am A. 1989; 6(7):1070. doi:
10.1364/JOSAA.6.001070 PMID: 2760723

10. Egelhaaf M, Borst A. Are there separate ON and OFF channels in fly motion vision? Visual Neurosci.
1992; 8(2):151–64.

11. Borst A, Egelhaaf M. Detecting visual motion: theory and models. Rev Oculomot Res. 1993; 5:3–27.
PMID: 8420555

12. Egelhaaf M, Borst A. Visual motion and its role in the stabilization of gaze. FA M, editor. Elsevier; 1993.
Available from: http://pub.uni-bielefeld.de/publication/1774896.

13. Egelhaaf M, Borst A. A look into the cockpit of the fly: visual orientation, algorithms, and identified neu-
rons. J Neurosci. 1993; 13(11):4563–74. PMID: 8229185

14. Borst A, Euler T. Seeing things in motion: models, circuits, and mechanisms. Neuron. 2011; 71(6):974–
94. doi: 10.1016/j.neuron.2011.08.031 PMID: 21943597

15. Behnia R, Clark DA, Carter AG, Clandinin TR, Desplan C. Processing properties of ON and OFF path-
ways for Drosophila motion detection. Nature. 2014; 512(7515):427–30. doi: 10.1038/nature13427
PMID: 25043016

16. Maisak MS, Haag J, Ammer G, Serbe E, Meier M, Leonhardt A, et al. A directional tuning map of Dro-
sophila elementary motion detectors. Nature. 2013; 500(7461):212–6. doi: 10.1038/nature12320
PMID: 23925246

17. Takemura Sy, Bharioke A, Lu Z, Nern A, Vitaladevuni S, Rivlin PK, et al. A visual motion detection cir-
cuit suggested by Drosophila connectomics. Nature. 2013; 500(7461):175–81. doi: 10.1038/
nature12450 PMID: 23925240

18. Ibbotson MR. Evidence for velocity-tuned motion-sensitive descending neurons in the honeybee. Proc
R Soc Lond [Biol]. 2001; 268(1482):2195–201. doi: 10.1098/rspb.2001.1770

19. Ribi WA. The first optic ganglion of the bee. I. Correlation between visual cell types and their terminals
in the lamina and medulla. Cell Tissue Res. 1975; 165(1):103–11. PMID: 1203968

20. Ribi WA. The first optic ganglion of the bee. IV. Synaptic fine structure and connectivity patterns of
receptor cell axons and first order interneurones. Cell Tissue Res. 1981; 215(3):443–64. PMID:
7214488

21. Ribi W, Scheel M. The second and third optic ganglia of the worker bee. Cell Tissue Res. 1981; 221
(1):17–43. doi: 10.1007/BF00216567 PMID: 7032703

22. Paulk AC, Phillips-Portillo J, Dacks AM, Fellous JM, GronenbergW. The processing of color, motion,
and stimulus timing are anatomically segregated in the bumblebee brain. J Neurosci. 2008; 28
(25):6319–32. doi: 10.1523/JNEUROSCI.1196-08.2008 PMID: 18562602

23. Paulk AC, Dacks AM, Gronenberg W. Color processing in the medulla of the bumblebee (Apidae: Bom-
bus impatiens). J Comp Neurol. 2009; 513(5):441–56. doi: 10.1002/cne.21993 PMID: 19226517

24. Paulk AC, Dacks AM, Phillips-Portillo J, Fellous JM, GronenbergW. Visual processing in the central
bee brain. J Neurosci. 2009; 29(32):9987–99. doi: 10.1523/JNEUROSCI.1325-09.2009 PMID:
19675233

25. Straw AD, Lee S, Dickinson MH. Visual control of altitude in flying Drosophila. Curr Biol. 2010; 20
(17):1550–6. doi: 10.1016/j.cub.2010.07.025 PMID: 20727759

26. Portelli G, Ruffier F, Franceschini N. Honeybees change their height to restore their optic flow. J Comp
Physiol A. 2010; 196(4):307–13. doi: 10.1007/s00359-010-0510-z

27. Srinivasan MV, Zhang SW, Chahl JS, Barth E, Venkatesh S. How honeybees make grazing landings
on flat surfaces. Biol Cybern. 2000; 83(3):171–83. doi: 10.1007/s004220000162 PMID: 11007294

28. Riabinina O, Philippides AO. A model of visual detection of angular speed for bees. J Theor Biol. 2009;
257(1):61–72. doi: 10.1016/j.jtbi.2008.11.002 PMID: 19056398

29. Srinivasan MV, Poteser M, Kral K. Motion detection in insect orientation and navigation. Vis Res. 1999;
39(16):2749–2766. doi: 10.1016/S0042-6989(99)00002-4 PMID: 10492835

Modelling Bee Angular Velocity Estimation

PLOS Computational Biology | DOI:10.1371/journal.pcbi.1004887 May 5, 2016 21 / 22

http://dx.doi.org/10.1242/jeb.020768
http://www.ncbi.nlm.nih.gov/pubmed/19329746
http://dx.doi.org/10.1007/BF00606306
http://dx.doi.org/10.1242/jeb.007807
http://www.ncbi.nlm.nih.gov/pubmed/17766299
http://dx.doi.org/10.1364/JOSAA.6.001070
http://www.ncbi.nlm.nih.gov/pubmed/2760723
http://www.ncbi.nlm.nih.gov/pubmed/8420555
http://pub.uni-bielefeld.de/publication/1774896
http://www.ncbi.nlm.nih.gov/pubmed/8229185
http://dx.doi.org/10.1016/j.neuron.2011.08.031
http://www.ncbi.nlm.nih.gov/pubmed/21943597
http://dx.doi.org/10.1038/nature13427
http://www.ncbi.nlm.nih.gov/pubmed/25043016
http://dx.doi.org/10.1038/nature12320
http://www.ncbi.nlm.nih.gov/pubmed/23925246
http://dx.doi.org/10.1038/nature12450
http://dx.doi.org/10.1038/nature12450
http://www.ncbi.nlm.nih.gov/pubmed/23925240
http://dx.doi.org/10.1098/rspb.2001.1770
http://www.ncbi.nlm.nih.gov/pubmed/1203968
http://www.ncbi.nlm.nih.gov/pubmed/7214488
http://dx.doi.org/10.1007/BF00216567
http://www.ncbi.nlm.nih.gov/pubmed/7032703
http://dx.doi.org/10.1523/JNEUROSCI.1196-08.2008
http://www.ncbi.nlm.nih.gov/pubmed/18562602
http://dx.doi.org/10.1002/cne.21993
http://www.ncbi.nlm.nih.gov/pubmed/19226517
http://dx.doi.org/10.1523/JNEUROSCI.1325-09.2009
http://www.ncbi.nlm.nih.gov/pubmed/19675233
http://dx.doi.org/10.1016/j.cub.2010.07.025
http://www.ncbi.nlm.nih.gov/pubmed/20727759
http://dx.doi.org/10.1007/s00359-010-0510-z
http://dx.doi.org/10.1007/s004220000162
http://www.ncbi.nlm.nih.gov/pubmed/11007294
http://dx.doi.org/10.1016/j.jtbi.2008.11.002
http://www.ncbi.nlm.nih.gov/pubmed/19056398
http://dx.doi.org/10.1016/S0042-6989(99)00002-4
http://www.ncbi.nlm.nih.gov/pubmed/10492835


30. Laughlin SB, de Ruyter van Steveninck RR, Anderson JC. The metabolic cost of neural information.
Nat Neurosci. 1998; 1(1):36–41. doi: 10.1038/236 PMID: 10195106

31. Isler K, van Schaik CP. Metabolic costs of brain size evolution. Biol Lett. 2006; 2(4):557–60. doi: 10.
1098/rsbl.2006.0538 PMID: 17148287

32. Attwell D, Laughlin SB. An energy budget for signaling in the grey matter of the brain. J Cereb Blood
Flow Metab. 2001; 21(10):1133–45. doi: 10.1097/00004647-200110000-00001 PMID: 11598490

33. Sengupta B, Stemmler M, Laughlin SB, Niven JE. Action potential energy efficiency varies among neu-
ron types in vertebrates and invertebrates. PLoS Comput Biol. 2010; 6:e1000840. doi: 10.1371/journal.
pcbi.1000840 PMID: 20617202

34. Sengupta B, Laughlin SB, Niven JE. Consequences of converting graded to action potentials upon neu-
ral information coding and energy efficiency. PLoS Comput Biol. 2014; 10(1):e1003439. doi: 10.1371/
journal.pcbi.1003439 PMID: 24465197

35. Niven JE, Farris SM. Miniaturization of nervous systems and neurons. Curr Biol. 2012; 22(9):R323–9.
doi: 10.1016/j.cub.2012.04.002 PMID: 22575474

36. Kien J. Neuronal mechanisms subserving directional selectivity in the locust optomotor system. J
Comp Physiol A. 1975; 102(4):337–355. doi: 10.1007/BF01464345

37. Zanker JM, Srinivasan MV, Egelhaaf M. Speed tuning in elementary motion detectors of the correlation
type. Biol Cybern. 1999; 80(2):109–116. doi: 10.1007/s004220050509 PMID: 12440388

38. Reichardt W, Rosenblith WA. Autocorrelation, a principle for evaluation of sensory information by the
central nervous system. In: Symposium on Principles of Sensory Communication 1959. MIT Press;
1961. p. 303–317.

39. Arbib M. Handbook of Brain Theory and Neural Networks. Arbib MA, editor. MIT Press; 1995. Available
from: http://philpapers.org/rec/ARBITN.

40. Bader C. Role of intracellular calcium and sodium in light adaptation in the retina of the honey bee
drone (Apis mellifera, L). J Gen Physiol. 1976; 67(4):475–491. doi: 10.1085/jgp.67.4.475 PMID:
818341

41. Souza J, Hertel H, Ventura D, Menzel R. Response properties of stained monopolar cells in the honey-
bee lamina. J Comp Physiol A. 1992; 170(3):267–74. doi: 10.1007/BF00191414

42. Waxman H. Axonal conduction delays. Scholarpedia. 2012; 7(6):1451. doi: 10.4249/scholarpedia.1451

43. Niebur E. Electrical properties of cell membranes. Scholarpedia. 2008; 3(6):7166. doi: 10.4249/
scholarpedia.7166

44. Niebur E. Neuronal cable theory. Scholarpedia. 2008; 3(5):2674. doi: 10.4249/scholarpedia.2674

45. Curtis DR, Eccles JC. The time courses of excitatory and inhibitory synaptic actions. J Physiol. 1959;
145(3):529–546. doi: 10.1113/jphysiol.1959.sp006159 PMID: 13642318

46. Serres J, Dray D, Ruffier F, Franceschini N. A vision-based autopilot for a miniature air vehicle: joint
speed control and lateral obstacle avoidance. Auton Robots. 2007; 25(1–2):103–122.

47. R Core Team. R: A Language and Environment for Statistical Computing; 2013. Available from: http://
www.r-project.org/.

48. Portelli G, Serres J, Ruffier F, Franceschini N. Modelling honeybee visual guidance in a 3-D environ-
ment. J Physiol. 2010; 104(1–2):27–39.

49. Srinivasan MV. Visual control of navigation in insects and its relevance for robotics. Curr Opin Neuro-
biol. 2011; 21(4):535–43. doi: 10.1016/j.conb.2011.05.020 PMID: 21689925

50. Richmond P, Cope A, Gurney K, Allerton DJ. Frommodel specification to simulation of biologically con-
strained networks of spiking neurons. Neuroinformatics. 2013; 12(2):307–23. doi: 10.1007/s12021-
013-9208-z

51. Ribi WA. The first optic ganglion of the bee. II. Topographical relationships of the monopolar cells within
and between cartridges. Cell Tissue Res. 1976; 171(3):359–73. PMID: 975217

Modelling Bee Angular Velocity Estimation

PLOS Computational Biology | DOI:10.1371/journal.pcbi.1004887 May 5, 2016 22 / 22

http://dx.doi.org/10.1038/236
http://www.ncbi.nlm.nih.gov/pubmed/10195106
http://dx.doi.org/10.1098/rsbl.2006.0538
http://dx.doi.org/10.1098/rsbl.2006.0538
http://www.ncbi.nlm.nih.gov/pubmed/17148287
http://dx.doi.org/10.1097/00004647-200110000-00001
http://www.ncbi.nlm.nih.gov/pubmed/11598490
http://dx.doi.org/10.1371/journal.pcbi.1000840
http://dx.doi.org/10.1371/journal.pcbi.1000840
http://www.ncbi.nlm.nih.gov/pubmed/20617202
http://dx.doi.org/10.1371/journal.pcbi.1003439
http://dx.doi.org/10.1371/journal.pcbi.1003439
http://www.ncbi.nlm.nih.gov/pubmed/24465197
http://dx.doi.org/10.1016/j.cub.2012.04.002
http://www.ncbi.nlm.nih.gov/pubmed/22575474
http://dx.doi.org/10.1007/BF01464345
http://dx.doi.org/10.1007/s004220050509
http://www.ncbi.nlm.nih.gov/pubmed/12440388
http://philpapers.org/rec/ARBITN
http://dx.doi.org/10.1085/jgp.67.4.475
http://www.ncbi.nlm.nih.gov/pubmed/818341
http://dx.doi.org/10.1007/BF00191414
http://dx.doi.org/10.4249/scholarpedia.1451
http://dx.doi.org/10.4249/scholarpedia.7166
http://dx.doi.org/10.4249/scholarpedia.7166
http://dx.doi.org/10.4249/scholarpedia.2674
http://dx.doi.org/10.1113/jphysiol.1959.sp006159
http://www.ncbi.nlm.nih.gov/pubmed/13642318
http://www.r-project.org/
http://www.r-project.org/
http://dx.doi.org/10.1016/j.conb.2011.05.020
http://www.ncbi.nlm.nih.gov/pubmed/21689925
http://dx.doi.org/10.1007/s12021-013-9208-z
http://dx.doi.org/10.1007/s12021-013-9208-z
http://www.ncbi.nlm.nih.gov/pubmed/975217

