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Abstract
A general analytical model is developed in a concise block matrix form for surface‐
mounted permanent magnet (SPM) machines with series‐parallel coil connections un-
der inter‐turn short circuit (ITSC) fault. In the model, branch currents are used as state
variables and inductances of different series‐parallel coil connections are calculated using
an analytical method, namely winding function approach (WFA) together with slot per-
meance method. Based on the characteristics of the calculated inductances and the
developed fault model, the multiphase Clarke transformation has been proposed to
simplify the fault model. In the process of model simplification, the healthy machine
model using branch currents as state variables have been proven to be equivalent to that
using 3‐phase currents as state variables. The proposed fault models of a 3kW 96‐slot 32‐
pole SPM machine with different series‐parallel coil connections have been built in
Matlab/Simulink and validated by time‐stepping 2D FE simulations. Simulation results
show that different series‐parallel coil connections have little influence on the amplitude
of the ITSC current. Finally, a small scale 24‐slot 8‐pole SPM machine prototype has been
built to further validate the accuracy of the proposed fault model.
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1 | INTRODUCTION

As one of the most promising renewable energy sources, wind
power is becoming more and more competitive and attracts
increasing attention from industry and academia. Most coun-
tries have a strong motivation to transform the way of elec-
tricity generation from the conventional energy sources such as
natural gas, oil, coal, and nuclear to more eco‐friendly energy
sources such as solar and wind. It has been reported that since
the 1990s, the cumulative capacity of the installed wind energy
has increased exponentially. In the near future, both the power
capacity and size of a single commercial wind turbine are ex-
pected to increase [1]. However, if there is a severe fault in a
large wind turbine, it often requires complex and costly

maintenance works [2]. This is particularly the case for
offshore wind turbines, which are much more difficult to ac-
cess to than their onshore counterparts. Therefore, despite
many technological advances have been made in recent years,
the reliability of wind turbine systems remains a growing
concern to both academia and industry. Based on the distri-
bution of number of failures and downtime in different
components of a wind turbine recorded by major wind turbine
manufacturers [3], it is found that although the failure rate
of large wind generators is not the highest, the downtime of
which is often one of the longest. This shows the necessity of
investigating the faults in large wind generators.
Regarding the faults of large wind generators, one early

literature review [4, 5] showed that the winding fault is one of
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the most frequent faults, second only to the bearing fault.
According to statistical data, it is found that there are five
major types of winding faults, namely (1) open circuit of one
phase, (2) inter‐turn (turn‐to‐turn) short circuit (ITSC), (3) coil
to coil short circuit, (4) phase to phase short circuit, and (5)
coil/phase to ground short circuit [6]. And the ITSC fault is
often regarded as one of the root causes of other more severe
faults [7]. If the ITSC fault can be detected and mitigated in
time, the amount of maintenance work could be reduced, and
the wind generators will be able to operate more efficiently
during their designed life span. Hence, an in‐depth investiga-
tion of the ITSC faults and their impact on the performance of
electrical machines are necessary. This can be done by using the
physics‐based fault modelling, which has attracted an
increasing interest from both the academia and industry in
recent years [8–11].
In [10, 11], a general analytical model of surface‐mounted

permanent magnet (SPM) machines with series‐connected and
parallel‐connected coils under ITSC fault were proposed.
However, for medium and large‐power electrical machines,
such as the ones used in wind power, series‐parallel coil con-
nections are often used to increase the phase current whilst
reducing the phase voltage level, and the models based on
series‐connected and parallel‐connected coils might no longer
be applicable. In [12–14], the transient behaviour of salient‐
pole synchronous machines with series‐parallel coil connec-
tions under internal faults including ITSC fault was modelled
using branch currents as state variables due to unequal branch
currents when an internal fault happens. However, the
cumbersome inductance calculation considering the practical
distributed winding arrangement and large‐scale systems of
differential equations required to characterise the fault model
make ITSC fault modelling for large salient‐pole synchronous
generators quite complex and challenging. In addition, the fault
models proposed in [12–14] are not really general and simple,
and they cannot provide much meaningful physical insights
into the fault performance.
In [15], ITSC fault models for fractional‐slot SPM ma-

chines with series‐connected and parallel‐connected windings
have been developed. To simplify the modelling, the authors
have assumed that all branch currents in healthy phases (phases
B and C) were equal when the ITSC fault occurred in the faulty
phase (phase A) branch. In [16], the same assumption has been
made about the branch currents during the ITSC fault when
modelling the fractional‐slot SPM machines with multi‐strand
windings. However, both [15, 16] only modelled one specific
fractional‐slot SPM machine, and their assumptions are not
always valid for integer‐slot SPM machines with series‐parallel
coil connections as it will be investigated in this paper.
As for other fault modelling methods such as a magnetic

equivalent circuit [17, 18] and finite element analysis (FEA)
[19–21], they are quite time‐consuming particularly the FEA
for large‐power electrical machines under the ITSC fault. This
is mainly because, due to the large numbers of slots and poles,
full FE models required for large‐power SPM machines with
ITSC faults often have much more mesh elements, and are
hence much more time consuming to solve. This is particularly

the case when the FE models are coupled with PWM con-
verters (co‐simulation) to simulate the faulty machine perfor-
mance under real operating conditions. In addition, it is
noticed that large‐power SPM machines need more time to
reach a steady state, hence requiring longer simulation time.
Different from the developed fault models in [12–16], this

paper proposes a general and relatively simple analytical fault
model in a concise block matrix form for SPM machines with
series‐parallel coil connections using branch currents as state
variables. In the fault model, the mutual inductive coupling
between any two branches has been considered. It should be
mentioned that, as shown in Figure 1, the winding of the
analysed SPM machines is single‐layer, full‐pitch, and distrib-
uted [slot/pole/phase (SPP) is equal to 1], which is often the
case for large PM generators used in wind power.
Due to this simple winding structure, inductances of the

fault model can be calculated easily by analytical methods such
as winding function approach (WFA) together with slot per-
meance method. It is worth noting that the core saturation has
been neglected during the analytical calculation of the in-
ductances. Once the inductances are determined, it is found
that the multiphase Clarke transformation can be used to
simplify the fault model based on the characteristics of the
calculated inductances and the concise block matrix form of
the developed fault model. As an example, fault models of a
3kW 96‐slot 32‐pole SPM machine with different series‐
parallel coil connections, have been built in Matlab/Simulink
based on the proposed fault model and model simplification
method, and they have been validated by time‐stepping 2D FE
simulations. In addition, a small scale 24‐slot 8‐pole SPM
machine prototype has been built to further validate the ac-
curacy of the proposed fault model.

2 | MODELLING OF THE ITSC FAULT
OF SPM WIND GENERATORS

A schematic representation of series‐parallel coil connections
of an SPM machine is shown in Figure 2, where the ITSC fault
is assumed to be in the first branch (A1 branch) of phase A.
Here it is also assumed that one parallel branch has r coils in
series, and n parallel branches of one phase will therefore
contain p = r � n coils in total, where p is the number of pole
pairs. This is because the windings of the analysed SPM ma-
chines are single‐layer, integer‐slot, and distributed, thus the
number of pole pairs p is the same as the number of coils in
one phase winding. To simplify the analyses, in the following
sections of this paper, rS � nP will be used to represent the
windings with r series coils (in each branch) and n parallel
branches (in each phase).
In addition, the short‐circuited turns of the A11 faulty coil

is named as A11_fm shown in Figure 2. Assuming that the
short‐circuited turns A11_fm are somewhere in the middle of
the affected slots, then A11_ht and A11_hb will represent
the remaining healthy turns at the top and at the bottom of the
affected slots, respectively. As for A1_hc, it represents the
remaining healthy r − 1 coils of the A1 branch. Some mutual
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inductances between the short‐circuited turns and the other
branches such as MA1f,An, MA1f,B1, MA1f,Cn, etc are also illus-
trated in Figure 2.
From Figure 2, the voltage equations for every circuit

branch can be expressed in a compact matrix form as

vA
vB
vC

2

6

4

3

7

5
¼

LAA MAB MAC
MBA LBB MBC
MCA MCB LCC

2

6

4

3

7

5

d
dt

iA
iB
iC

2

6

4

3

7

5
þ Rcb

iA
iB
iC

2

6

4

3

7

5

þ

eA
eB
eC

2

6

4

3

7

5
−

RA1f
0
⋮

0

2

6

6

6

4

3

7

7

7

5

if −

MAf

M Bf

MCf

2

6

4

3

7

5

dif
dt

ð1Þ

where column vectors v, i, and e represent branch‐to‐neutral
voltages (v), branch back‐EMFs, (e) or branch currents (i)
for the phases A, B, and C windings. For instance,
vA ¼ vA1 vA2 ⋯ vAn½ �T , and it has n entries, where n is
the number of parallel branches defined earlier. Additionally, if
is the current in the short‐circuit path as shown in Figure 2. As
for Lxx and Mxy (“y” represents another phase winding
different from x), they are named as branch inductance
matrices in this paper. It is worth mentioning that the (i, j)th
entry of Lxx represents the inductive coupling between the ith
and jth branches of the same phase x. The (i, j)th entry ofMxy
represents the inductive coupling between the ith branch of
the phase x and the jth branch of the phase y. These

representations can be interpreted as Lxxð Þi;j ¼Mxixj and
Mxy
� �

i;j ¼Mxiyj . In addition, Rcb in Equation (1) is the branch
resistance, and RA1f is the resistance of the short‐circuited
turns. The elements of three column vectors MAf, MBf, and
MCf represent the inductive couplings between the short‐
circuited turns and the branches in all three phases, and they
are given as

MAf ¼ LA1f ;A1f þMA1h;A1f MA2;A1f ⋯ MAn;A1f
� �T

M Bf ¼ MB1;A1f MB2;A1f ⋯ MBn;A1f
� �T

MCf ¼ MC1;A1f MC2;A1f ⋯ MCn;A1f
� �T

8

>

>

>

>

<

>

>

>

>

:

ð2Þ

where LA1f,A1f is the self‐inductance of the short‐circuited
turns, and MA1h,A1f represents the mutual inductance be-
tween the remaining healthy turns and the short‐circuited turns
in the branch A1.
The voltage equation of the short‐circuited path is

Rf þ RA1f
� �

if þ LA1f ;A1f
dif
dt

− eA1f − RA1f iA1

¼ MAf
� �TdiA

dt
þ M Bf
� �TdiB

dt
þ MCf
� �TdiC

dt

ð3Þ

where Rf is the contact or insulation resistance between two
short‐circuited points. In the following sections about the
simulations of the 3kW SPM machine, Rf is assumed to be zero
to simplify the analyses. eA1f ¼ μ1=ð rÞeA is the back EMF of
the short‐circuited turns, where the coil faulty turn ratio μ1 is
defined as μ1 ¼ nf =nc for the studied integer‐slot SPM ma-
chines and eA is the branch back EMF of phase A. In addition,
nf is the number of short‐circuited turns A11_fm and nc in-
dicates the number of turns per coil.
For a wye‐connected 3‐phase windings having series‐

parallel coil connections, the branch currents need to obey
Kirchhoff's current law such as

X

n

k¼1

iAk þ
X

n

k¼1

iBk þ
X

n

k¼1

iCk ¼ 0 ð4Þ

Additionally, if there are space harmonics in the branch
back EMFs in Equation (1) and the neutral point is not
accessible, then the three branch‐to‐neutral (or phase) voltages
vA, vB, and vC cannot be determined directly from the line
voltages vAB and vBC under the ITSC fault. However, if the
“circulant” characteristic of branch inductance matrices (see
appendix A of [11]), and the constraint of branch currents are
considered, adding all circuit branch voltage equations will give

vA þ vB þ vC ¼ eA þ eB þ eCð Þ

−
1
n
RA1f if þ

X

n

k¼1

MAf þMBf þMCf
� �

k

 !

dif
dt

" #

ð5Þ

F I GURE 1 The studied surface‐mounted permanent magnet (SPM)
machine with integer slot overlapping windings.

F I GURE 2 Circuit schematic of the studied surface‐mounted
permanent magnet (SPM) machines under ITSC fault. One FEM coil
contains r coils in series, and each phase has n parallel branches.
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where eB and eC are branch back‐EMFs of phase B and C,
respectively. MAf þMBf þMCf

� �

k indicates the kth element
of the sum of MAf, MBf, and MCf. It is worth mentioning that
all branch‐to‐neutral voltages of the same phase are equal, and
this is the same for the branch back‐EMFs.
When the sum of the three branch‐to‐neutral voltages in

Equation (5) is known, the two line voltages vAB and vBC can
be expressed as

vAB ¼ vA − vB
vBC ¼ vB − vC ¼ vA þ 2vB − vA þ vB þ vCð Þ

�

ð6Þ

The use of Equations (5) and (6) will yield the three phase
voltages from the line voltages. Once the branch currents in all
circuit branches are known, the electromagnetic torque under
ITSC faults can be expressed as

Te ¼
eAð ÞT iA þ eBð ÞT iB þ eCð ÞT iC − eA1f if

ωrm
þ Tcog ð7Þ

where ωrm is the rotor mechanical speed (rad/s) and Tcog is the
cogging torque which can be calculated using FE models.
From the above model equations, it is evident that the level

of complexity of the established fault model using branch
currents as state variables is determined by the number of
parallel branches. Generally speaking, the larger the number of
parallel branches, the larger the number of first‐order differ-
ential equations must be used to describe the faulty machine
behaviours, thus more efforts are required to build the fault
model. In fact, the number of first‐order differential equations
of the complete model to predict the machine behaviour under
ITSC fault is 3n + 2 for the studied SPM machines with n
parallel branches in every phase. Therefore, it would be much
better if the number of state variables especially the number of
derivatives of state variables in every differential equation is
minimised as this will significantly simplify the fault model. To
this end, multiphase Clarke transformation is adopted in Sec-
tion 4, which can considerably reduce the model complexity.

3 | INDUCTANCE CALCULATION

It can be seen from Section 2 that all elements in the nine branch
inductance matrices and three fault inductance vectors need to
be known while building the fault models in Matlab/Simulink.
Therefore, this section will be dedicated to the theoretical
calculation of inductances using an analytical method, which will
also be validated by 2D FE modelling (using JMAG software
package). To be consistent with the analytical modelling, the 2D
FE modelling also neglects the core saturation.

3.1 | Calculation of inductances

It has been mentioned that in [10, 11], there are three com-
ponents in the phase self‐ and mutual‐ inductances such as

Lph ¼ Lg þ Lslot þ Lend
Mph ¼Mg þMslot þMend

�

ð8Þ

where the airgap components Lg, Mg corresponds to the flux
traversing the airgap, the slot‐leakage components Lslot, Mslot
are the leakage fluxes crossing the slots, and the end‐turn
leakage components Lend and Mend are associated with the
leakage fluxes in the end‐winding region. In this paper, the
end‐turn leakage components are neglected for simplicity and
initial study.
As mentioned previously, the airgap inductance compo-

nents could be determined by the WFA detailed in [11, 22]. If
the branch A1 in Figure 2 has an ITSC fault, the branch A1 will
be separated into two parts: the faulty turns (A11_fm) and the
remaining healthy turns (A11_hb, A11_ht, and A1_hc).
After the winding functions of the remaining healthy turns,

the faulty turns in the faulty branch and other branches are
derived, all elements of the branch inductance matrices can be
calculated using the WFA together with the slot permeance
method as detailed in [10, 11]. It is also found that all branch
inductance matrices are circulant matrices (see appendix A of
[11]). According to the characteristics of the circulant matrices,
once the elements in the first row are known, all the elements
of the circulant matrices can be determined accordingly. As a
result, all the inductances needed for the fault modelling can be
obtained as

LA1A1 ¼ LB1B1 ¼ LC1C1 ¼ L1

MA1Aj ¼MB1Bj ¼MC1Cj ¼M1 ðj ¼ 2; 3;⋯; nÞ

MA1B1 ¼MB1C1 ¼M2

MA1Bj ¼MB1Cj ¼M1 ðj ¼ 2; 3;⋯; nÞ

MA1Cj ¼M1 ðj ¼ 2; 3;⋯;n − 1Þ

MA1C1 ¼M1 þMα

MA1Cn ¼M1 þMβ

8

>

>

>

>

>

>

>

>

>

>

>

>

>

>

<

>

>

>

>

>

>

>

>

>

>

>

>

>

>

:

ð9Þ

with

L1 ¼
μ0rele
ge

rð2p − rÞ
2p2

π ncð Þ2 þ 2r ncð Þ2μ0le
hs
3Sω

� �

M1 ¼
μ0rele
ge

−
r2

2p2

� �

π ncð Þ2 and M2 ¼ −
ð2p − 3rÞ
3r

M1

Mβ ¼
μ0rele
ge

1
3p
π ncð Þ2 and Mα ¼ ðr − 1ÞMβ

8

>

>

>

>

>

>

>

>

<

>

>

>

>

>

>

>

>

:

ð10Þ

where the meanings of μ0, re , le, ge, hs, Sω and p are the same as
those in [11].
As for the elements in the fault inductance vectors, they are

given as
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LA1f ;A1f þMA1h;A1f ¼ L11 MB1;A1f ¼MCn;A1f ¼M22

MAj;A1f ¼MBj;A1f ¼M11 ðj ¼ 2; 3;⋯; nÞ

MCj;A1f ¼M11 ðj ¼ 1; 2;⋯;n − 1Þ

8

>

>

<

>

>

:

ð11Þ

Regarding LA1f,A1f and MA1h,A1f, the airgap and slot‐leakage
inductance components (indicated by subscripts “g” and
“slot”, respectively) will be calculated separately as follows

L11 ¼ LA1f ;A1f þMA1h;A1f ¼ LA1f ;A1f
� �

g þ LA1f ;A1f
� �

slot

þ MA1h;A1f
� �

g þ MA1h;A1f
� �

slot

ð12Þ

with

LA1f ;A1f
� �

g þ MA1h;A1f
� �

g ¼
μ0rele
ge

ð2p − rÞ
2p2

μ1π ncð Þ2 ð13Þ

LA1f ;A1f
� �

slot ¼ 2μ0le
nc
hs

� �2 hb − hað Þ2

Sω

hs −
1
3
ha −

2
3
hb

� �

ð14Þ

MA1h;A1f
� �

slot ¼ 2μ0le
nc
hs

� �2
"

ha hb − hað Þ
2

2Sω

þ
hb − hað Þ

2Sω

hs − hb þ hað Þ2 − h2a
n o

#

ð15Þ

where ha and hb represent the fault locations along the slot, the
same as those in [11].
In addition, M22 and M11 in Equation (11) can be expressed

as

M11 ¼ −
μ0rele
ge

r
2p2
μ1π ncð Þ2 and M22 ¼

ð3r − 2pÞ
3r

M11 ð16Þ

Equations (10) to (16) show that the inductance elements
in all branch inductance matrices and corresponding fault
inductance vectors can be easily updated if the series‐parallel
coil connection rS � nP of a SPM machine is changed.
This means that the developed fault model in this paper is
generic and can be applicable to SPM machines with different
series‐parallel coil connections.

3.2 | Results of inductance calculations

3.2.1 | Elements of branch inductance matrices

The key parameters of the studied 3kW SPM machine are
listed in Table 1. This machine is the same as the one inves-
tigated in [10, 11], except this machine adopts different

combinations of series‐parallel‐connected coils rather than
series‐connected or parallel‐connected coils.
By the way of example, the 2D FE linear inductances of

the 3kW machine with 2S � 8P coil connection are shown in
Figure 3a. In Figure 3b, the relative error of the inductances is
the difference between the 2D analytical and FE inductances
divided by the corresponding 2D FE inductances.
It is worth mentioning that, although all three series‐

parallel coil connections have been investigated, only the

TABLE 1 Specifications of the studied 3kW surface‐mounted
permanent magnet (SPM) machine.

Series‐parallel coil connections
(rS £ nP)

8S £ 2P 4S £ 4P 2S £ 8P

Rated power (kW) 3

Rated speed (rpm) 170

Rated voltage (Vrms) 345 172.5 86.3

Phase current (Arms) 5 10 20

Series turns/coil 52

Numbers of slots/poles 96/32

Rotor outer diameter (mm) 426.4

Stack length (mm) 110

Airgap length (mm) 2

F I GURE 3 Characteristics of inductances between #A1 branch and
other branches. (a) 2D FE results and (b) relative errors between analytical
and FE results.

MEI ET AL. - 5

 1
7

5
1

8
6

7
9

, 0
, D

o
w

n
lo

ad
ed

 fro
m

 h
ttp

s://ietresearch
.o

n
lin

elib
rary

.w
iley

.co
m

/d
o

i/1
0

.1
0

4
9

/elp
2

.1
2

3
2

6
 b

y
 T

est, W
iley

 O
n

lin
e L

ib
rary

 o
n

 [0
3

/0
5

/2
0

2
3

]. S
ee th

e T
erm

s an
d

 C
o

n
d

itio
n

s (h
ttp

s://o
n

lin
elib

rary
.w

iley
.co

m
/term

s-an
d

-co
n

d
itio

n
s) o

n
 W

iley
 O

n
lin

e L
ib

rary
 fo

r ru
les o

f u
se; O

A
 articles are g

o
v

ern
ed

 b
y

 th
e ap

p
licab

le C
reativ

e C
o

m
m

o
n

s L
icen

se



results for 2S � 8P coil connection are shown due to space
limitation. In addition, to be consistent with the conditions
used by the analytical method, all permanent magnets in the
FE model are treated as air, and the stator and rotor cores are
assumed to be magnetically linear with a relative permeability
μr = 10000. After setting these conditions for materials, 1A
DC current is then supplied to only the A1 branch, meaning all
other branches in the three phases are open‐circuited.
Due to the symmetrical 3‐phase overlapping windings

adopted by the studied SPM machine, the branch inductance
matrices LAA = LBB = LCC and MAB = MBC. As mentioned
earlier, the determination of elements in the first row of all
these branch inductance matrices will be enough to determine
all the elements of these matrices. Hence showing the char-
acteristics of inductances only related to the A1 branch is
sufficient.
Although there are some large errors between analytical

and FE inductances in Figure 3b, due to the small values of
these inductances, they may not have a significant impact on
the accuracy of the developed fault model, as it will be
investigated in Section 5.

3.2.2 | Equivalent phase inductances

Further calculations of the equivalent phase self‐ and mutual
inductances for the 2S � 8P coil connection have been carried
out, and the results are shown in Table 2. It is worth noting
that how to calculate the equivalent phase self‐ and mutual‐
inductances for 3‐phase windings with series‐parallel coil
connections will be left in Section 4. From Table 2, much
smaller differences in the equivalent phase self‐ and mutual
inductances can be observed. This means that the predicted
phase currents of the healthy machines by the analytical and
linear FE models would be very much similar. As for the
inductance values and relative errors of inductances between
the short‐circuited turns and other branches, they are very
much similar to those shown in Figure 3 and hence are not
presented here to avoid duplication.

4 | MODEL SIMPLIFICATION

Although the proposed fault model uses branch currents as
state variables in the direct phase domain, it does not provide
much meaningful physical insights because all the elements in
the branch inductance matrices would not be zeros in theory,
making the analyses very complicated and the computation

quite intensive. Meanwhile, it is difficult to construct a fault
model in the Matlab/Simulink if the number of parallel
branches n is large (n ≥ 10), which is very often the case for
large‐power wind generators. To simplify the fault model, that
is, to make all the branch inductance matrices sparse ones, in
this paper, the original branch currents, voltages, and back‐
EMFs are transformed into new variables using the multi-
phase Clarke transformation matrix C of [11] (see appendix B
of [11]. The number of parallel branches n will replace the
number of pole pairs p appearing in C of [11] to keep matrix
dimensions consistent) such as

f 0A
f 0B
f 0C

2

6

4

3

7

5
¼

C 0 0
0 C 0
0 0 C

2

4

3

5

fA
fB
fC

2

4

3

5 ð17Þ

where f 0A, f 0B and f 0C are the corresponding transformed branch
current, voltage, and back EMF vectors. In this paper, C has
the power invariant form, that is, C−1

=CT. Therefore, it is
quite easy to obtain fA, fB and fC from f 0A, f 0B and f 0C such as
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After using the multiphase Clarke transformation, the new
circuit‐branch voltage equations can be expressed as
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ð19Þ

where L0xx ¼ CLxxCT , M0
xy ¼ CMxyCT . “x” and “y” repre-

sent different phases amongst A, B, and C. If the inductances
calculated by analytical method are employed in this analytical
model, then L0xx, M0

AB, and M0
BC are diagonal matrices and

M0
AC is a block diagonal matrix.
To sum up, after the transformation, the fault model is

greatly reduced because the number of the first‐order

TABLE 2 Equivalent phase self‐ and mutual‐inductances (mH).

LAA MAB MAC

2D FE 0.495 −0.0953 −0.0953

Analytical 0.499 −0.104 −0.104

Relative error (%) 0.9 8.9 8.9
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derivatives of state variables in every circuit branch voltage
equation is reduced from 3n + 1 to the minimum value. To be
more specific, there will only be 3 to 5 derivatives of state
variables after the transformation.
The transformed voltage equation for the short‐circuited

path will be

Rf þ RA1f
� �

if þ LA1f ;A1f
dif
dt

− eA1f − RA1f CT i0A
� �

1

¼ CMAf
� �Tdi0A

dt
þ CM Bf
� �Tdi0B

dt
þ CMCf
� �Tdi0C

dt
ð20Þ

where CT i0A
� �

1 is the first element of the vector CT i0A. The
torque equation now can be expressed as

Te ¼
eAiA þ eBiB þ eCiC − eA1f if
� �

ωrm
þ Tcog ð21Þ

It should be mentioned that during the simplification
process, the relationship between the phase self‐ and mutual‐
inductances for 3‐phase windings having series‐parallel‐
connected coils (LSP and MSP) and those having the series‐
connected coils (LS and MS) can be derived such as

Lxxð ÞSP ¼
1
n

X

n

j¼1
Lxxð Þ1j ¼

1
n2
Lxxð ÞS

Mxy
� �

SP ¼
1
n

X

n

j¼1
Mxy
� �

1j ¼
1
n2
Mxy
� �

S

8

>

>

>

>

>

<

>

>

>

>

>

:

ð22Þ

5 | SIMULATION RESULTS

As can be seen from Figure 2 in the FE simulations, the
studied 3kW SPM machine is excited with 3‐phase balanced
sinusoidal voltages. In addition, the machine's rotor mechanical
speed is kept constant during the whole operation period to
shorten the simulation time. It is also worth mentioning that
FE and Matlab/Simulink simulations for this 3kW SPM ma-
chine with different coil configurations such as 8S � 2P,
4S � 4P and 2S � 8P have been carried out under different
fault severities and different speeds. It is found that all the FE
and analytical results generally have good agreements. How-
ever, due to space limitation, only some representative results
are provided in this section.

5.1 | One coil short‐circuited (2S £ 8P)

Figure 4 shows a comparison of some branch currents in all
three phases before and after the one‐coil short‐circuit fault. It
can be seen from Figure 4a that the branch currents obtained
by these two models match well. It is worth noting that iA3 to
iA8 are very much similar to iA2, iB3 to iB7 are very much
similar to iB2, and iC3 to iC7 are very much similar to iC2.

Hence they are not shown in these figures. Figure 4b,c show
some branch currents of phases B and C. Here only the FE
results are used, as they are very much the same as the
analytical results. It is found that, different from the assump-
tion made in [15, 16], the branch currents of the remaining
healthy phases especially phase C are unequal for this integer‐
slot SPM machine after the ITSC fault.
In addition, it is found that the sum of iC1 and iCn is about

2 times as large as iC2 for 4S � 4P and 2S � 8P coil con-
nections. This means that more assumptions can be made to
greatly reduce the number of differential equations in the fault
model if some loss in the model accuracy is allowed. This may
be very useful for developing fault mitigation strategies.
Meanwhile, the currents in the short‐circuited coil predicted by
the two models are shown in Figure 5. It can be seen that there
is a significant increase in the current of the short‐circuited
coil. For example, the amplitude of current in the short‐

F I GURE 4 Some branch currents of three phases before and after
one‐coil short‐circuit fault. (a) phase A, (b) phase B, and (c) phase C.
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circuited coil increases from 4.25 to 38.6A after the ITSC fault.
This will lead to changes in the phase current, and hence
changes in the developed electromagnetic torque, as shown in
Figure 6.
It is worth noting that, in Figure 6, the cogging torque has

already been included in the analytical model according to (7)
or (21) to give more accurate prediction of torque ripple under
the ITSC fault. It can be observed that after the ITSC fault, the
torque ripple increases only slightly. This is mainly because
each phase current is the sum of 8 individual branch currents.
As a result, although some branch currents change signifi-
cantly, the phase current is only slightly affected.

5.2 | Different fault severities

The amplitudes of inter‐turn short‐circuit currents obtained by
the FE and Matlab/Simulink simulations for the 3kW SPM
machine with different coil connections such as 8S � 2P,
4S � 4P, and 2S � 8P and under different fault severities are
shown in Figure 7. Here, the fault location is at the bottom of
the slot, that is, ha = hs/nc. A generally good agreement be-
tween the FE and analytical results can also be observed. The
slightly larger difference between FE and Matlab/Simulink
results for 8S � 2P and 4S � 4P coil connections is mainly
because the relative errors between the inductances obtained

by linear 2D FE and analytical approaches are larger when the
number of branches is smaller.
It is also found that when the coil faulty turns ratio in-

creases, the ITSC current reduces. This is the case for all series‐
parallel coil connections. The reason for this is that the ITSC
current is mainly determined by the ratio of open‐circuit flux
linkage of the short‐circuited turns to their self‐inductance.
When the faulty turns ratio increases, the self‐inductance of the
short‐circuited turns (proportional to number of turns
squared) increases faster than its open‐circuit flux linkage
(proportional to number of turns). In addition, if the coil faulty
turns ratio is the same, different series‐parallel coil connections
will have negligible influence on the amplitude of the ITSC
current. This means that the impact of the ITSC faults on all
series‐parallel coil connections is the same.

6 | EXPERIMENTAL VALIDATIONS

6.1 | Test rig setup

A small‐scale 24‐slot 8‐pole SPM machine prototype has been
manufactured to validate the proposed fault model. The main
parameters of this prototype are listed in Table 3. The test rig
setup of this prototype is shown in Figure 8. As this prototype
has single‐layer, full‐pitch and distributed winding structure,
each phase will have 4 coils in total. To achieve a series‐parallel
coil connection, each phase winding will have 2 parallel
branches and each branch has 2 coils connected in series.
In addition, it is worth mentioning that all the faults are

introduced in the A11 coil and three fault scenarios can be
carried out, that is, one‐coil, half‐a‐coil, and single‐turn short‐

F I GURE 5 Currents in the short‐circuited coil under the one‐coil
short‐circuit fault.

F I GURE 6 Change in on‐load torque of the 3kW surface‐mounted
permanent magnet (SPM) machine before and after the one coil short‐
circuit fault.

F I GURE 7 Amplitudes of ITSC current versus coil faulty turns ratio
for different series‐parallel coil connections.

TABLE 3 Specifications of 24‐slot 8‐pole surface‐mounted
permanent magnet (SPM) prototype machine.

Rated torque (Nm) 1.09 Stator outer diameter (mm) 100

Rated current rms (A) 2.5 Rotor outer diameter (mm) 49

Series turns/coil 20 Air gap length (mm) 1

Slots/poles 24/8 Stack length (mm) 50
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circuit faults. The SPM machine in Figure 8 is used as a
generator driven by a DC machine, and its 3‐phase terminals
are connected to a 3‐phase rheostat, which replaces the 3‐
phase voltage sources in Figure 2. In this way the hardware
implementation becomes much simpler but the main purpose
such as fault model validation can still be achieved.
Meanwhile, it is found that it is sufficient to use the

Magtrol Model 3401 torque display instead of a position
encoder to record the speed information, which is an input to
the analytical model built in Matlab/Simulink. This is because
the 2.2kW dc machine has a good torque‐speed characteristic
to reduce the speed ripple caused by the 150W 24‐slot 8‐pole
SPM machine prototype, which acts as its load.

6.2 | Inductances

The analytical and 2D linear FE inductances have been
calculated first, and a good agreement between them can be
observed, as shown in Table 4. To consider the influence of
core saturation and long end windings on inductance values, a
nonlinear 3D FE model of this prototype has also been built
using JMAG, and the inductance results are compared against
the measured ones by using the Hioki IM3533‐01 LCR Metre.
The nonlinear 3D FE and measured inductances are listed in
Table 5. It can be seen from Table 5 that all the relative errors
between the nonlinear 3D FE and measured inductances are
generally acceptable.
As for the nonlinear 3D FE and measured inductances

related to the short‐circuited turns, especially those associated
with the single turn short‐circuit fault, they can be estimated by
using the inductances related to coil A11. For example, the
self‐inductance is proportional to the square of the number of
turns in a coil, and the mutual inductance is proportional to the

number of turns. As such, all inductances will be known for the
three fault scenarios.

6.3 | Branch and faulty currents under half‐
a‐coil short‐ circuit fault

To validate the proposed fault model, all the three fault sce-
narios (single‐turn, half‐a‐coil, and one‐coil short‐circuit faults)
have been carried out under different speeds and loads. It is
found that the measured and simulated results generally match
well. However, due to page limit, only some representative
results of half‐a‐coil short‐circuit fault are presented.
The measured and predicted branch currents and phase

currents at about 900rpm with a resistive load of 1.2Ω are
shown in Figures 9 and 10, respectively. It is worth mentioning
that the simulated branch and phase currents by using 3D
nonlinear FE and measured inductances in the fault model are
very much similar. Therefore, for more clarity, only the

F I GURE 8 Test rig setup.

TABLE 4 2D FE and analytical inductances (µH) of the machine
prototype.

Method LA1A1 MA1A2 MA1B1 MA1B2

2D FE (linear) 331.7 −59.4 19.3 −59.5

2D analytical 283.5 −63.1 21 −63.1

Difference (%) 14.53 −6.23 −8.81 −6.05

TABLE 5 3D FE and measured inductances (µH) of the machine
prototype.

Method LA1A1 MA1A2 MA1B1 MA1B2

3D FE (nonlinear) 316.8 −25.8 −14.5 −34.1

Measured 317.5 −27.45 −13.68 −35.3

Difference (%) −0.22 −6.4 5.65 −3.52

F I GURE 9 Branch currents before and after half‐a‐coil short‐circuit
fault. (a) Measured and (b) predicted.
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simulated results using measured inductances have been pro-
vided in Figures 9 and 10.
Like the branch currents and phase currents, the difference

between the simulated iA1f using the 3D nonlinear FE and
directly measured inductances is very small, as shown in
Figure 11. In addition, although there is a slight discrepancy
between the measured and simulated iA1f, it is still within the
acceptable range.

6.4 | Different loads and speeds

To further validate the fault model, more tests at different
loads and speeds under the half‐a‐coil short‐circuit fault have
also been carried out, and the results are shown in Figure 12. It
can be seen that the measured currents (amplitude) in the
short‐circuited turns A11_fm and faulty phase A with two
different resistive loads (no‐load and 1.2Ω) and different rotor
speeds match well with the simulations. Therefore, together
with other results in the previous sections, the accuracy of the
proposed fault model can be validated.
It should be mentioned that in Section 4, the effectiveness

of the developed fault model and model simplification method
have been fully validated by the 2D FE and Simulink simula-
tion results when analytical inductances are used. However, in
this section, only the fault model with nonlinear inductances
has been validated. In our future work whether the model
simplification method can be applied to the developed fault

model with nonlinear inductances will be studied. If this suc-
ceeds, then the fault model and model simplification method
may be easily extended to other types of non‐PM machines
and also their multiphase counterparts with practical winding
configurations. This is particularly useful for large‐power
electrical machines, in which the prediction of changes in
machine currents and voltages under ITSC faults is very
difficult due to their complex winding configurations.

7 | CONCLUSION

This paper develops a general and simple analytical model in a
concise block matrix form for PM wind generators with
different series‐parallel coil connections under inter‐turn short‐
circuit (ITSC) fault. The fault model is divided into two parts,
that is, the healthy part of the machine model uses branch
currents as state variables and the faulty part is represented by
the current in the external short‐circuited path and the in-
ductances between the short‐circuited turns and every branch
windings. In the fault model, inductances for different series‐
parallel coil connections have been calculated by an analytical
method such as WFA together with slot permeance method.
Based on the characteristics of the calculated inductances and
the concise block matrix form of the developed fault model,
the multiphase Clarke transformation has been proposed to
simplify the fault model. This simplification not only signifi-
cantly lowers the modelling complexity, but also reduces the
computational burden considerably, especially for large‐power
SPM wind generators under ITSC faults. In the process of
model simplification, the healthy machine model using branch
currents as state variables have proven to be equivalent to that
using 3‐phase currents as state variables. Simulation results
from 2D FE and analytical models generally match well for
different fault scenarios and different coil connections. This
validates the accuracy of the proposed fault model and model
simplification method when analytical inductances are used.
The analytical fault model proposed in this paper can be very
useful for developing model‐based fault detection and miti-
gation strategies for large wind power generators. For these
machines, modelling methods like the FE or magnetic

F I GURE 1 0 Measured and predicted 3‐phase currents before and
after half‐a‐coil short‐circuit fault.

F I GURE 1 1 Measured and predicted fault currents (iA1f) in the short‐
circuited turns before and after half‐a‐coil short‐circuit fault.

F I GURE 1 2 Amplitudes of current of short‐circuited turns and faulty
phase under different resistive loads and speeds.
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equivalent circuit can be very time‐consuming and performing
fault tests may be difficult. From the developed fault model, it
is found that the branch currents of the remaining healthy
phases under ITSC fault are not always equal and different
series‐parallel coil connections have negligible influence on the
amplitude of ITSC current at the same torque and speed.
Finally, the proposed fault model is further validated by a series
of experiments on a 24‐slot 8‐pole machine prototype.
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