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Abstract: Underactuated robotic systems have become an important research topic aiming at significant improvement of the
behavioural performance and energy efficiency. Adopting some bio-inspired ideas and properties, the self-organisation and main
tasks of the robotic systems can be achieved by coordination of the subsystems and dynamic interaction with the environment.
Conversely, biological systems achieve energy efficient and adaptive behaviours through extensive autologous and exogenous
compliant interactions. The "trick" that give rise to the lifelike movements is appropriate application of the bio-inspired ideas and
properties, and construction of control systems in a generally underactuated system. In this paper, we aim to strengthen the links
between two research communities of robotics and control by presenting a systematic survey work in underactuated robotic
systems, in which both key challenges and notable successes in bio-inspiration, trajectory planning and control are highlighted
and discussed. One particular emphasis of this article lies on the illustration of roles of bio-inspired properties, control algorithms
and prior knowledge in achieving these successes and specifically, how they contribute to the taming of the complexity of the
linked domains. We demonstrate how bio-inspiration and control methods may be profitably applied, and we also note throughout
open questions and the tremendous potential for future research.
1. Introduction
During the past decade, there has been a surge of
studies in fields of underactuated robotic systems (URSs) and
bio-inspiration, aiming at the significantly improving the
behavioural performances and energy efficiency of the
robotic systems. Bio-inspiration implies the understanding of
principles underlying the behaviours of animals and humans
and transfers these principles into the development of robots.
Biological systems naturally perform dynamic behaviours in
complex environment with fantastic energy efficacy,
adaptability and robustness. Active and dynamic compliances
are created and enhanced from musculoskeletal system (jointspace) to external environment (task-space) amongst the
underactuated motions. Human body has incredible number
of muscles as actuators and has multiple muscles to actuate
one point, nevertheless, the control system becomes
underactuated when jumping through the air that, no
combination of muscle inputs exists to change the ballistic
trajectory of the centre of mass. However, control of URSs is
still intractable, in that their self-organisation and overall
tasks must be achieved by coordinating the subsystems and
dynamically interacting with the environment. Towards the
discrepancy of behaviour/motor control in biological and
robotic systems, URSs have attracted significant attentions
for manoeuvrable, efficient, and adaptive behaviours in the
real world. One important question to raise is: How can we
design control systems to achieve efficient locomotion, while
adapt to dynamic conditions as the living systems do?
URSs are characterized with fewer independent
control inputs than configuration variables. The terminology

underactuation is referred to as the system which has a
difference between the number of degrees of freedom (DOF)
and the number of control actions [1]. Studying
underactuation in the context of locomotion, as reported in
the seminal work [2], is likely to lead to an improved
understanding of locomotion in biological systems. Basically,
underactuation describes the property of a system to have an
input vector with smaller dimension than the configuration
space of the system. The dimension of the configuration space
is the number of DOF. These systems are extensively utilized
in the real-world, such as mobile robots, helicopters,
underwater vehicles, legged robots [3], self-propelled robots
[4,5], aircrafts, spacecrafts and underactuated manipulators.
Underactuation originates from: (1) natural dynamics of the
system, such as spacecraft, aircraft, helicopters, underwater
vehicles; (2) designing for reduction of the cost or some
practical purposes, such as flexible-link robots and satellite
systems with two thrusters; (3) being imposed artificially to
create complex low-order nonlinear systems to gain insight
into the control of high-order underactuated systems, e.g., the
Pendubot [6], the Acrobot [7], the TORA [8]; and (4) the
actuator failure.
To achieve a thorough understanding of URSs, it is
necessary to scrutinize from the dynamic characterizations in
terms of modelling, bio-inspiration, trajectory planning and
nonlinear control over the past decade. On the other hand, the
complexity is increased by the restricted control authority,
resulting into less applicability of classical control
approaches, such as feedback linearizability and passivitybased methods. Practical requirements are raised from the
advanced applications, for instance, underactuated soft robots
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rely on compliance to mitigate uncertainties and adapt to
dynamic environment and tasks, novel algorithms to the
control of soft robots that account for their material properties
need to be explored [9]. These difficulties motivate the
studies on modelling, nonlinear control, as well as motion
trajectory generation, etc. However, despite these studies,
there are a few particularly significant challenges that are
related to the control of nonlinear dynamics derived from
autologous compliant interaction between the subsystems and
exogenous physical interaction with the environment.

Fig. 1. Block diagram of trajectory planning and control of
URSs.
Although these problems and challenges are nontrivial,
there are several potentially promising research directions
which, we believe, significantly contribute to the progress in
this exciting research domain of URSs. Recently, there are
some survey papers in literature concerning the main subject
of underactuated robotics. The topics of classification of
URSs, common mechanisms and open-close loop control
methods were discussed in [10], which positioned itself based
on the viewpoints of classical mechanisms and control
systems. The authors considered nonholonomic constraints to
classify URSs, summarized their common mechanisms, and
discussed the control flow of URSs mainly from a perspective
of fuzzy systems. Whilst in this paper, we aim to explore the
recent advances in adopting bio-inspired properties,
modelling, trajectory planning and control algorithms to
strengthen the links between two research communities of
underactuated robotics and control. We have put a survey on
underactuated mechanical systems, seven years ago as in [11],
investigating the topics of modelling, classification and
classical control methods. With the advances in
computational and powers technology, things are changing
rapidly, particularly the introduction and application of bioinspiration and intelligent control systems. Therefore, in this
article, we provide a background for describing URSs that
builds on discussions from the perspective of biological
inspiration and intelligent systems, which is the first time in
literature form a perspective of survey. The objective of this
article is to present a systematic survey work in bioinspiration and control in underactuated robotics, in which
both key challenges and notable successes are highlighted
and discussed. A particular focus of this article lies on the
roles of bio-inspired properties, control algorithms and prior
knowledge in achieving these successes and specifically how
they contribute to the taming of the complexity of the linked
domains. This article discusses four prevailing directions of
research and technological challenges that will potentially
lead to significant breakthroughs in dealing with bio-inspired
URSs. The references discussed in this review are selected
with rationale for representing the critical information that
delineate the state-of-art perspectives and addressing
particular research issues and problems in underactuated
systems. Fig. 1 shows the relationship of four directions from

the system level. The block region in purple presents the
underactuated systems to be controlled, where the issues of
modelling (Section 2) and bio-inspired design (subsection 3.1)
are discussed. The block region in blue shows the trajectory
planning module where the desired trajectory is generated,
this module is discussed in Section 4. The block region in
green demonstrates the control system for URSs, the studies
on bio-inspired control and nonlinear control system design
are investigated in Subsection 3.2 and Section 5, respectively.
The review investigates in detail at recent efforts and
successes towards bio-inspiration and control in
underactuated robotics. The paper has seven main Sections.
In Section 2, we present a focused investigation into the
modelling issue. Section 3 presents studies related to bioinspired properties and bio-inspired control, whereas Section
4, it summaries efforts towards trajectory planning and
optimization. Optimized trajectory planning is an important
topic for underactuated robotics. Hence, Section 5 reports on
the main results of nonlinear control systems by providing an
overview of the state of the art. In Section 6, challenges,
difficulties and future research directions in bio-inspiration
and control in underactuated robotics are discussed from both
theoretical and practical perspectives. Finally, in Section 7,
we summarize conclusions, and place forward few remarks.
2. Modelling of URSs
Different analytical solutions for robotic application
have been developed through the understanding of the
fundamental first principles which precisely portray the robot
dynamics. Generally speaking, a set of differential equations
are formulated from the basis of mathematical models whose
solutions predict the evolution of the configuration variables
in time in the presence of a given sequence of external
generalized forces which referred to as control input torques.
For an object system with n-DOF (n>1), the governing
equation [12,13] can be given by
∑ 𝑑 𝑞 𝑞
∑ Γ 𝑞 𝑞 𝑞
𝑔 𝑞
𝑝 𝐵 𝑞 𝑢 (1)
represent the generalized coordinates
where 𝑞
𝑞 ,…,𝑞
vectors that belong to an 𝑛 -dimensional configuration
manifold, 𝑢
𝑢 ,…,𝑢
denote the vector of 𝑝 external
forces applied on the systems. 𝐵 𝑞 is the input force matrix
and assumed to be of full column rank, together with 𝐵 𝑞 𝑢
describing the generalized forces resulting from the control
inputs 𝑢. 𝑘 1,2, … , 𝑛, 𝑝 is the 𝑘 th standard basis in ℛ ,
𝑑 is the inertia matrix element, 𝑔 𝑞
, and 𝛤 𝑞
are Christoffel symbols [14] and is defined as
𝛤 𝑞

(2)

The vector form of (2) can be obtained as
𝐵 𝑞 𝑢
(3)
𝐷 𝑞 𝑞 𝐶 𝑞, 𝑞 𝑞 𝐺 𝑞
where 𝐷 𝑞 is a symmetric and positive-definite matrix of
∑
inertias, 𝑐
𝛤 𝑞 𝑞 is the element of 𝐶 𝑞, 𝑞 . Two
types of terms are involved in 𝐶 𝑞, 𝑞 𝑞 ∈ ℛ which are
called Centrifugal terms (when 𝑖 𝑗 ) and Coriolis terms
(when 𝑖 𝑗), 𝐺 𝑞 represents the gravitational terms.
A robotic system described by Eq. (3) is referred to as
an underactuated system if 𝑚 rank ( 𝐵 𝑞 ) 𝑛 , which
means it has fewer independent control inputs 𝑚 than the
degree of freedom 𝑛, and as such 𝑘 𝑛 𝑚 DOF cannot be
directly actuated. Assuming that 𝐵 𝑞
0, 𝐼
, without
loss of generality, (3) can be rewritten in a generic form and
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further partitioned as 𝑞
𝑞 ,𝑞
∈ℛ
ℛ , where
𝑞 and 𝑞 respectively represent the unactuated (passive) and
actuated configuration vectors, we have
𝐷 𝑞 𝐷 𝑞 𝑞
𝐺 𝑞
𝐶 𝑞, 𝑞 𝑞
0
𝐷 𝑞 𝐷 𝑞 𝑞
𝐺 𝑞
𝑢
𝐶 𝑞, 𝑞 𝑞
where the inertia matrix
positive-definite,

the

contains the Centrifugal

𝐷
𝐷

𝑞 𝐷
𝑞 𝐷

(4)

𝑞
𝐷 𝑞
is symmetric
𝑞
𝐶 𝑞, 𝑞
ℛ
matrix 𝐶 𝑞, 𝑞
∈
ℛ
𝐶 𝑞, 𝑞
𝐺 𝑞
and Coriolis forces, 𝐺 𝑞
𝐺 𝑞

represents the gravitational forces applied on the passive and
actuated configurations.
Definition 1. The set of DOF of URSs can be partitioned into
two subsets [15], which referred to as collocated subset with
its cardinality contains the actuated DOF and equals the
number of control inputs; and non-collocated subset accounts
for the remaining non-actuated DOF.
Modelling of URSs has been extensively investigated
in various domains over the past decade, from prevailing
benchmarks such as the cart-pole system [16,17] to novel
underactuated systems [18–27]. It’s also worth mentioning
the walking and running of biped robots with point feet [28,29]
are one of the important URSs. The modes of these robotic
systems have different degrees of underactuation in each
phase of motion. Towards the modelling of URSs, most of the
studies have been conducted based on fundamental
Lagrangian mechanical system. However, many practical
considerations have been simplified or omitted, for instance,
modelling of the interactions with actuators, sensors, dynamic
frictions, and (structured or unstructured) uncertainties and
external disturbances. Towards this end, researchers have
been trying to design efficient control systems that are able to
guarantee the adaptability and robustness to the inaccuracies.
Nevertheless, any achievement in adaptive and robust control
becomes intractable due to the underactuated dynamics. For
many URSs (e.g., self-propelled robots [30], soft robotic
hands [31], UAVs [32], underactuated ships [33]), their
system performance mainly or partially relies on the noncollocated subsystem. Therefore, it is meaningful to model
the URSs in a systematic way, particularly if the frictions,
uncertainties and external disturbances are existing in the
non-collocated subsystem of URSs which are not directly
controllable. In this regard, internal dynamics/coupling and
interconnection between collocated and non-collocated
subsystems play a vital role to account for the mis-matching.

Fig. 2. Friction models [34]: (a) the Coulomb model; (b) the
Coulomb viscous damping model; (c) Stiction plus Coulomb
and viscous friction; (d) seven-parameter model
Towards engineering systems with high fidelity,
accurate modelling and prediction of nonlinear frictional

dynamics has always been a nontrivial and intractable aspect
of scientific research. Frictional instabilities are typically
required to be eliminated or compensated through efficiently
designed controllers. Simplified static friction model using
the Rayleigh dissipation function (see Fig. 2(b)) has been
employed in very few literatures, in which the friction force
was considered proportional to the velocity of the object.
Subsequently, accompanied by the requirements of
underactuated systems in the industrial applications,
substantial efforts have been devoted to the modelling of
more realistic frictions for practical control purposes [35–38].
The dynamic friction model proposed in these works
normally refers to as the LuGre friction model, which is
capable of reproducing some of the experimentally observed
friction distinctive behaviour, such as hysteresis, Stribeck
effect and Coulomb friction. A discontinuous friction model
was applied on the unactuated joint in [39] for a class of 2
DOF underactuated system, which was based on the Coulomb
friction model (Fig. 2(a)). Recently, a modified nonlinear
friction model based on the LuGre model utilized for the
passivity-based control (PBC) of an underactuated system
was proposed in [40]. And the PBC law together with the
interconnection and damping assignment was successfully
demonstrated by an underactuated double pendulum with
friction effect. For more realistic application, the
considerations of modelling the frictions need to be more
practical. As novel underactuated microrobotic models, the
capsule robotic systems have attracted significant interest in
various applications such as medical assistance [18,41–44],
pipeline inspection [5,45–47], maritime search [48], etc. For
self-propelled capsule systems, friction plays pivotal roles in
capsule propulsion and locomotion, particularly for the vibrodriven underactuated systems, the dynamic coupling between
the driving mechanism and the system body are utilized to
generate efficient stick-slip motions. Hence, accurate
prediction of dynamic interactions in the sticking, presliding
as well as pure sliding regimes becomes crucial. For frictions
exist in the unactuated subsystems of URSs, the passive
dynamics can be explored to indirectly control the frictioninduced stick-slip motions to improve the system
performance [26].
The uncertainties and disturbances are other important
issues need to be considered in modelling, which contain
parameter uncertainty, environmental noises and uncertain
perturbations. The inclusion of disturbances and uncertainties
in the system dynamics has always been one of the pivotal
issues particularly in the control system design. During the
past years, the development of control algorithms is
accompanied with the deepening understanding and
improving of robustness in the presence of various type of
uncertainties and disturbances. Among them, most of the
researches modelled the system dynamics considering
relatively simple parameters with uncertain boundaries
[49,50] and utilized robust control approach. More recently,
the issues of robust tracking control for an underactuated
surface vessel with parameter uncertainties was addressed in
[51]. An adaptive neural network tracking control was
proposed for underactuated systems with matched and
mismatched disturbances [52]. For nonholonomic mobile
manipulators with an underactuated joint, adaptive
motion/force control by dynamic coupling and output
feedback is considered by [53], in the presence of parametric
and functional uncertainties. An integral sliding-mode
3

controller was proposed in [54] on a two-wheeled mobile
robot with the friction modelled as the combination of viscous
friction and Coulomb friction. Most of the studies were
conducted from the viewpoint of control, i.e. developing
robust controllers for underactuated systems with
uncertainties, however, relatively a few considerable works
took this issue to the modelling stage. Therefore, the issue of
modelling of underactuated robots is still challenging in
accurate representation of the interactions with actuators,
sensors, dynamic frictions, and (structured or unstructured)
uncertainties and external disturbances.
3. Bio-inspired properties and bio-inspired
control
Previous studies on URSs or underactuated systems in
general has demonstrated their fascinating characteristics in
energy efficiency, manoeuvrability and robustness through
explicitly exploring the passive dynamics. However, there are
challenging issues of control and coordination of the
nonlinear dynamics derived from the internally (between the
subsystems) and externally (with the environment) physical
interactions. As such. precise control of the URSs becomes
difficult because of these nonlinear dynamics-induced
interactions, which leads to very limited variations of
behaviour patterns of the system [55]. In this section, we
exploit how bio-inspiration could help tackling these
challenges by discussing and summarizing some plausible
principles of bio-inspiration from the perspectives of design
and motor control.
3.1. URSs with Viscoelastic and Soft Property
Nature has always been a source of inspirations and
ideas for researchers and practitioners from robotics and
control communities. The terminology of bio-inspiration
implies the understanding of fundamental principles that
underlie the motions/behaviours of animals and humans and
transfers these principles into development of robotic systems.
For example, the muscles, during walking, constantly change
their stiffness and damping when the leg is swinging forward
and the foot is put on the ground [56]. This idea enables
design of robotic systems with complaint elements—
viscoelasticity to mimic the compliant motion of biological
muscles.
During the past few decades, the effective utilizations of
complaint elements into the robotic locomotion have attracted
significant interests. The motivations are diverse, for instance,
to build up safer interactions with humans [57–59], to
improve the model accuracy of the robotic systems [60,61],
to achieve higher level of manoeuvrability [62], high
bandwidth mechanical compliance, flexibility, agility,
controllability [63], adaptability, and efficacy in fulfilling
large scope of tasks in unstructured and hazardous
environment. Multi-fingered grasping robotic hands are
underactuated systems that are also typically of crucial needs
in robotics, especially for industrial applications. Adopting
underactuation as their transmission architectures of the
robotic hands becomes a dominating principle for designing
during the last decade [64]. Underactuated transmission
design allows passive/adaptive movements between the
DOFs, which are often used to allow the adaptation of the
hand shape to the grasped object. The literature has witnessed
a distinct growth after the year 2000 in the use of
compliant/soft actuation systems and simplified architectures

for multi-fingered robotic hands which are essentially
underactuated [65–67]. These systems use fewer motors
which save space, weight, and cost. The DLR hand arm
system as shown in Fig. 3 has Series Elastic Actuators (SEAs)
that employ compliant and complaint elements (e.g., springs)
at the joints. Variable stiffness enhances the robustness of the
robotic hand and provides a low-pass filtering of impacts and
allows stiffness adjustments depending on the task. More
importantly, introducing of compliant/soft elements serve as
one of the essential factors to improve the energy efficiency
of the overall robotic system.
Extensive endeavours have been devoted to these
research domains. The online estimation problem of
transmission stiffness in robots driven by variable stiffness
actuators in antagonistic or serial configuration was studied
in [68] without the need for joint torque sensing. A
viscoelastic models were proposed in [69] for a soft robotic
mechanism horizontally actuated by two dielectric elastomer
actuators. To maximize the energy dissipated in transparent
laminates under low velocity impact, a genetic algorithm was
employed in [70] to optimize a model built as thermo-elastovisco-plastic materials. In the presence of hysteresis and
friction, the impact on stiffness and damping characteristics
of elastic robot joints were discussed in [71]. To design an
optimal motion trajectory of flexible mobile manipulators,
Pontryagin’s minimum principle was adopted in [72] and the
optimal control issue was converted into a two point
boundary value problem. However, for mobile systems, the
challenge is how to utilize the system dynamics in the forms
of optimally synthesized trajectory and effectively designed
controller, particularly in the presence of viscoelasticity.
Structural simple systems may perform rich system dynamics,
and even a tiny variation in parameters may lead to dramatic
qualitative changes in the system outputs.

a

b

Fig. 3. The DLR hand arm system [73]
Recently, along with the engineering application
requirements and the rising research interest in nonlinear
dynamics, the vibro-impact characteristic of active
mechanisms have been widely applied to a large range of
practical mechanical systems. During these applications,
correlative relationships between the model parameters and
dynamic performance can be achieved. Driven by external
harmonic excitations, these implementations are capable of
motions such as rectilinear [74,75], unidirectional [76] and
bidirectional [77] by utilizing a periodically driven
mass/inertia interacting with the main body. A newly
developed three masses model was analysed and compared
with a low dimensional model in [75]. More interestingly, the
authors considered three main control parameters which were
referred to as the applied static force, the amplitude and the
frequency of the applied dynamics force, which were
optimally chosen through the higher dimensional model
4

simulations. As a practical application in robotics domain, the
trajectory planning of a capsule robot was studied in [21],
which consists of a capsule main body interacting with an
internal pendulum driven by a harmonic excitation. Notably,
the dynamic models developed by these works have been
proved to be useful for uncovering the interactive dynamic
performance of such systems in real-world applications.
Moreover, the related studies have contributed abundant
information of the fundamental characteristics to the nonsmooth motions of practical mechanical systems especially
with impacts. It is noted that most of these researches are, in
nature, based on linear motions with the consideration of
viscoelastic characteristic. However, for the systems that are
intrinsically nonlinear, limited studies have been considered
modelling, analysis and optimal parameter selection for
active rotational motions with viscoelastic properties.
3.2. Bio-Inspired Behaviour/Motor Control
Biological systems naturally exhibit energy efficient,
robust and adaptive behaviours in complex environment,
whilst the existing robotic systems are still suffering from
insufficient capabilities of sensory-motor and learning. To
bridge the gap between biological and robotic systems in
behaviour control, there has been a surge of research interests
in URSs that operate in the real world.
Due to the nature of underactuation, the behaviours of
URSs are constrained by their passive dynamics, which
characterize the motion control in biological systems [55].
The passive dynamics bring three advantages: (1) most of the
behaviours of underactuated robots are regulated by passive
dynamics due to less number of motors, e.g. Passive Dynamic
Walkers [78,79]; (2) the locomotion velocity is plausible to
be improved through exploiting the passive dynamics, and the
limitation on maximum speed of each actuator can be
sufficiently relaxed; (3) underactuated systems have simpler
mechanical structures and therefore control architectures on
account of less number of motors and sensors. Therefore,
passive dynamics play a vital role for URSs in achieving
controlled behaviours and self-adaptability.
3.2.1 Active Impedance Modulation/Control for
Compliance Interactions: It is well-established that
appropriate utilization of impedance modulation/control is
able to improve the interaction ability of robots through
modulation of high mechanical impedance. Over the years, it
has attracted significant research interests in the domains
where the robots are required to work in close vicinity or
interact with the unknown and dynamic environments or
humans.
Active impedance modulation/control means control
the actuator through software to mimic the impedance
behaviour. The software controller calculates the correction
based on the measured output state, the correction is then set
through the (stiff) actuator. As a merit, this approach controls
impedance by adapting online both the stiffness and damping
in a theoretical infinite range with infinite speed [80]. It is
plausible to adopt active impedance idea for control the
compliance interactions of URSs, particularly URSs with
flexible elements at joints (e.g., SEAs). However, an
important problem, that related to controllability and stability,
is how to integrate active impedance control with passive
design-based actuators in the URSs. A carefully designed
control architecture is needed to exploit the joint flexibility
when using impedance modulation/control for underactuated

systems with flexible joints. Some bioinspiration-based
control schemes such as a feedforward action would work
well than using the standard feedback control schemes which
make the system stiffer [81]. Under this circumstance, a novel
human-like learning controller to interact with unknown
environments was proposed in [82], which can deal with
unstable situations that are typical of tool use and gradually
acquire a desired stability margin. An adaptive impedance
control scheme was presented in [83] that adapts the robotic
assistance according to the disability level and voluntary
participation of human subjects. Interestingly as shown in Fig.
4, an impedance model with virtual force was considered in
[84] to design the model reference control of robot dynamics,
which provides a kind of cushion effect (compliance) for
better user experience. It is noted that the determination of the
architecture of active impedance control is dramatically
related to specific application and required performance of
impedance regulation, including stability bandwidth, desired
impedances, passivity, working frequency, and other
mechanical and electrical features of the robotic systems.
3.2.2 Appropriate Mechanical Feedback for SelfStabilization: Mechanical feedback is an important and
useful notion that proposed and studied by many researchers
from various fields of biological research. Its main idea is that,
in biology, many mechanical processes effectively act to
assist in the self-stabilization of tasks, and therefore, serve
functionally as a first level of feedback control [85]. Using
neural feedback has been proved insufficient to control many
tasks of biological systems, and therefore more appropriate
perspectives in feedback control in neuro-mechanical
systems are needed when designing bio-inspired robot and
control system architectures.

Fig. 4. Virtual mass–spring–damper impedance model [84]
It is also plausible that the motions of underactuated
robot are able to be mechanically regulated through
appropriate design inspired from the biological systems.
Mechanical feedback for self-stabilization in periodic
motions has been proved applicable to different kinds of
underactuated robot models. The study in [86] based on the
Passive Dynamic Walker is a good example as shown in Fig.
5, which can walk on level ground and induce behaviour
patterns with small active power sources substituted for
gravity. More interestingly, the undesired motion deviations
due to the robot-environment interactions can be
mechanically regulated. Mechanical feedback is an important
and useful notion that proposed and studied by many
researchers from various fields of biological research.
3.2.3 Optimized Morphological Design for Behavioural
Variability: Morphological computation can be loosely
defined as the exploitation of the shape, material properties,
and physical dynamics of a physical system to improve the
efficiency of a computation [87]. Morphological control is the
application of morphological computing to a control task. The
nonlinear dynamics of underactuated robots that derived from
5

their morphological constraints have attracted many research
interests in to the modest control system design. Morphology
plays a vital role in underactuated systems with respect to the
behavioural variability, since many of them merely capable
of limited periodic behavioural patterns [55].
The study in [56] demonstrates reduction of the energy
cost of human walking through designing and utilization of
an unpowered exoskeleton. A lightweight elastic device was
designed as shown in Fig. 6, it acts in parallel with the user’s
calf muscles, off-loading muscle force and thereby reducing
the metabolic energy consumed in contractions. Interestingly,
there is no mechanical work is done by the actuators, and the
springs store and return energy through the fact that the
kinetic and potential energy of the body remain constant on
average. A powered prosthetic ankle joint was designed in [88]
for walking and running as shown in Fig. 7. The active spring
design improve the motion/behavioural variability in certain
range and relax the limitations in positive work output of
passive walking and running feet. These studies demonstrate
how various kinds of motion/behaviour can be created
through the nonlinear dynamics that are significant in motion
adaptability as well. It is noted that not only behavioural
variability is achieved through appropriate computational
procedure of the motor control, but also it is dramatically
determined by the interaction dynamics with simple motor
action and the reaction force from the environment.

Fig. 5. Bipedal robots based on passive-dynamic walkers [86]

Fig. 6. Unpowered exoskeleton [56]

Fig. 7. Springactive Walk-Run ankle [88]
One of the interesting challenges is how to generate
desired and substantially different motor/behaviour patterns

through appropriate design and control of the morphological
parameters, e.g., coefficient of elasticity and viscosity. As
such, new optimal motion control schemes are to be
constructed with energy efficiency and adaptability.
3.2.4 Optimal Dynamics Control for Motor Control
Learning: URSs have less number of motors, simpler
mechanical structures and control architectures, as such, a
large part of their behaviours are regulated by passive
dynamics. The appropriate design of mechanical feedback for
self-stabilization has been proved to be of great significance
in the research of underactuated robotics, whilst the challenge
in kinematic trajectory control is still an intractable issue due
to the unactuated/passive dynamics. As the recent advances
in computational intelligence, it is plausible to adapt
computational learning/optimization techniques into the
motor control of URSs to account for the discrepancy of
behaviour control in animals and robots [55]. There has been
a rising interest in utilization of computational optimization,
which is able to tackle with the automatic reasoning of
nonlinear dynamics through evaluation of single scalar value.
A reinforcement learning algorithm was presented to acquire
in-hand manipulation skills of an underactuated robotic hand
[89]. A novel approach to reinforcement learning is proposed
in [90] for parameterized control policies based on the
framework of stochastic optimal control with path integrals.
A method that learns to generalize parametrized motor plans
by adapting a small set of global parameters is studied in [91],
called meta-parameters. The arm reaching dynamics was
thoroughly explored in [92] to achieve reductions of
metabolic cost during motor learning. The studies in [93]
presented a method to learn discrete robot motions from a set
of demonstrations, global asymptotic stability at the target
was guaranteed through defining of sufficient conditions.
The cutting-edge researches on motor control learning
including control and trajectory planning have demonstrated
significant preliminary steps in bio-inspired control of URSs,
whilst there are several challenging issues need to be
uncovered. The reduction of the number of trial-and error
iterations is the nontrivial and intractable one. Towards this
end, it is plausible to explore the design of more generalized
state representations, and improvement in autonomy of
mechanical model generation of the robot itself [94].
3.3. Undulatory Locomotion and Bio-Inspired SelfPropulsion
3.3.1 Undulatory Locomotion and Serpentine Robotic
Systems: Movement is one of the vital existential
requirements of microbial and animal life on the earth. Many
terrestrial animals adopt limbs to support their weight and to
cope with the gravitational forces. Some smaller animals have
employed a great number of forms that keep them close to the
ground or even underground to minimise the effects of
gravity. Whilst flying, subterranean and marine animals have
to deal with various kinds of physical environments.
Undulatory locomotion is a primitive and relatively
simple mode of locomotion that relies on the generation and
propagation of waves along the animal body. It is remarkably
widespread across a wide range of biological systems from
motile bacteria and worms to snakes. It is evident that the
body’s interplay with the physical environment is the key to
undulatory locomotion. Various forms of undulations are
adopted by animals, which can be categorized into direct
6

(same as the motion direction) or retrograde (opposite to the
motion direction), horizontal or vertical, and longitudinal or
transverse. Generally speaking, retrograde waves are used to
propagate opposite to the motion direction such that the body
move in a given direction. Specifically, the environment
applies forward forces to the body if the body wave travels
backward. For example, some worms and protozoa, when
their body is moving forwards or backwards, have their body
lined with so-called ‘bristles’ that jut out at right angles to the
long axis and act as paddles to generate sufficient drag forces.
It is evident that undulatory locomotion is typically
constrained by frictional or drag forces of the physical
environment rather than the gravitational forces. Significant
endeavours have been made in the development of robotic
systems with undulatory locomotion that is inspired from
worms or snakes [95–98], e.g., the worm-inspired robot as
shown in Fig. 8. These systems typically consist of a chain of
rigid segments linked by articulated joints actuated by motors
and normally restricted to planar bending motions. They
propel themselves by changing their body configurations.
The snake robot Anna Konda [99,100] is a typical example
that is able to push against external obstacles apart from a flat
ground and capable of obstacle-aided locomotion. There are
also some robotic systems using alternative actuation systems
such as pneumatics [101] and shape-memory alloys
[102,103].
The forward propulsion by means of undulatory
locomotion requires the actuators are controlled in a manner
that the propulsive wave propagates along the robot body, this
feature is significantly different from the traditional wheeled,
legged or tracked robotic systems whose forward motion is
obtained simply by driving the motors on the wheel or leg.
Therefore, undulatory locomotion has the potential
capabilities of robustness and versatility with suitably
designed control systems. Undulatory rectilinear motion can
be generally partitioned in two different forms: rectilinear
motion using vertical waves as shown in Table 1 and
rectilinear motion using expanding/contracting segments as
shown in Table 2. See Appendix 1 for table of results.

a

b
Fig. 8. Worm-inspired robot [95]: (a) 2-D schematic of the
robot, (b) Physical robot
Viscoelastic property helps understanding the
efficient, compliant and adaptive behaviours of biological
systems through bio-inspired design of the URSs, the

problem is how to realize optimal morphological design such
that the behavioural variation can be increased while
maintaining fascinating characteristics of URSs? Besides,
compliant interactions can be obtained through active
impedance modulation/control, self-stabilization can be
realized by appropriate mechanical feedback using passive
dynamics and motor learning is important preliminary steps
in bio-inspired control of URSs.
3.4. Bio-inspired/Soft Robotics: Insights into NonMinimum Phase Systems and Feedforward
Control
A system is said to be non-minimum phase if it has
zeros in the right-hand side of the complex plane, meaning
that trajectories of its zero dynamics are not divergent [104].
These unstable zeros bring difficulties in guaranteeing the
robustness of the system. Many real-world URSs fall into this
category that their input force matrix/vector 𝐵 𝑞 in Eq. (3)
is represented by a nonlinear function rather than a simplified
dynamic equation. Some example URSs are hypersonic
vehicles [105], surface ships [106], VTOL [107], and Inertia
Wheel Inverted Pendulum [108], etc. Many bio-inspired/soft
robotic systems have demonstrated the non-minimum phase
characteristic in that they have strong input couplings and the
input force matrix/vector is highly nonlinear, e.g., snake-like
robots [95], continuum robots [109], robots with flexible
links [110]. It appears that if a robot is designed to be
biologically inspired or soft, the strong simplification of the
input force matrix/vector does not hold, which makes it not
fully feedback linearizable. Being minimum phase is an
essential property for a system to have, as it enables
formulating the regulation of the output as a control goal. The
non-minimum phase nature restricts direct application of
recently developed nonlinear control methodologies.
Therefore, a better understanding of the minimum phase w.r.t
a meaningful output should be regarded as a major challenge
in the control of bio-inspired/soft robots.
The method of approximate input–output linearization
has been applied to deal with a class of slightly non-minimum
phase nonlinear systems. However, its limitation is that only
the weak non-minimum phase system can be processed,
which is not the case of bio-inspired/soft robotic systems.
Besides, from the feedback/feedforward perspective, the
control challenge arises because typical feedback-based
methods have fundamental performance limits for nonminimum-phase systems. In some applications with strong
input couplings, feedback might not be easily implemented.
Feedforward scheme can alleviate such control challenges—
for non-minimum phase systems. This is apparently true if
considering the biological systems (e.g., animals and human
beings), they can walk/run efficiently on uneven terrains with
the aid of feedforward control, which contributes to the
muscle activities to responsible for the adaptations to the
ground contacting [111,112]. Therefore, proper combination
of feedforward control with passive (mechanical) feedback or
active feedback into the control design for URSs is a
meaningful research direction to be explored.
There are several plausible approaches to confront this
problem by demonstrating ideas (e.g., output selection, using
of feedforward schemes) to produce a minimum phase system.
For flexible-link robots, three auxiliary signals are used to
redefine the outputs to achieve fast regulation of the non7

minimum phase endpoint force [113]. The control
performance, such as bandwidth, robustness, and error
performance are significantly improved. Towards a class of
soft robots, the constant approximation of the curvature is
used as control output to produce a minimum phase system
for advanced control system design for the soft robots [114].
It is plausible that if a priori information of the disturbance is
available, feedforward approaches can overcome the limits of
feedback methods for non-minimum phase systems. A
feedforward-based control approach was developed in [115]
for non-minimum-phase systems when the disturbance is not
known a priori, and the performance was demonstrated
through a simple flexible robot. A real-time approach of
walking pattern generation was proposed in [116], which
combined a feedback and a feedforward controller. The
feedback controller is used to improve the system stability by
employing a pole placement method which shifts the poles of
the robotic system. The feedforward controller is designed to
account for the non-minimum phase property by adopting
advanced pole-zero cancelation by series approximation
method.
4. Trajectory planning
Trajectory planning is a terminology that extensively
used in robotics and control communities, which generally
includes motion planning and trajectory optimization for the
process of finding a feasible trajectory to fulfil certain tasks
that minimizes or maximizes some measure of performance
within prescribed constraint boundaries.
The concentrations on periodic trajectory planning are
twofold depending on the dimensions of the input space. For
the mechanical systems whose DOF is equivalent to the
dimensions of the input space (referred to as fully-actuated
systems), the procedure of trajectory planning falls into the
task of generating trajectories that integrally reveals the
system dynamics and satisfies specific constraints, for
instance, bounded input torques, constraints in various
motion stages, obstacles avoidance in the work space. In
terms of the motion execution, the feedback linearization
technique which shed light on the tracking issue of a
predesigned reference trajectory is convenient to be extended
to more general cases. On the other hand, when the reduced
dimensions of the input space appear, the underactuation is
an essential factor needs to be considered, which makes
finding a feasible trajectory for a specific task highly
nontrivial. Moreover, it becomes more complicated in the
presence of nonholonomic dynamic constraints [117].
Towards the issue of trajectory planning for URSs,
extensive efforts have been made in diverse ways. A feedback
motion-planning algorithm was proposed by [118] to
efficiently evaluate regions of attraction for smooth nonlinear systems, which utilized rigorously computed stability
regions to build a sparse tree of LQR-stabilized trajectories.
Optimized adaptive control and neural network-based
trajectory generation was studied in [84] for a class of
wheeled inverted pendulum (WIP) models of vehicle systems
for dynamic balance and motion tracking of desired
trajectories. The proposed control method considers the
presence of various uncertainties, including both parametric
and functional uncertainties. An optimal offline minimumtime trajectory planning (MTTP) approach for underactuated
overhead cranes was proposed in [119], which

simultaneously considers various constraints, including the
bounded swing angle for the payload, bounded velocity,
acceleration, and even jerk for the trolley. A point-to-point
motion planning algorithm was presented in [120] that is
based on the natural frequency of the pendulum-like free
motion with unconstrained degree of freedom. The virtual
holonomic constraint approach was utilized in [121] to
generate the feasible periodic motion along a path founded
through the computation of the reduced-order dynamics.
Towards the nonholonomic constraints and nonlinear
dynamic coupling, [122] used a special inertia distribution on
the manipulator arm to achieve the differential flatness
property of mobile manipulators, such that the issues of
trajectory planning and control were addressed. However,
dynamic constraints and the evaluation of objective function
may result in computational complexity and subsequent slow
convergence, particularly in the presence of higher DOF and
higher degrees of underactuation.
For biped robots with point feet, the issues of planning
and stable control of their gait have obtained different
solutions, but they are still open research problems in this area.
ATRIAS [29] is an underactuated bio-inspired biped robots
that attracts much attentions during the past decade. SLIP
(spring loaded inverted pendulum) [123,124] and PMB (point
mass biped) [125] are basic underactuated models to generate
and control biped running gaits with natural properties, where
PMB has been shown to be capable of generating more
general gaits than SLIP.
Kinematic coupling was elaborately considered in
[126] to plan the motion trajectory of overhead crane systems
with the objectives of smooth trolley transportation and small
payload swing. An anti-swing mechanism was developed into
an S-shape reference trajectory based on analytical studies on
the coupling behaviour between the payload and the trolley.
The combined trajectory was tuned through a designed
iterative learning scheme to ensure precise trolley positioning.
The trajectory planning scheme proposed in this study was
proved to be robust against payload variations, and it
guarantees accurate trolley positioning and efficient swing
elimination. However, globally describing and characterizing
the coupling behaviour including kinematic and dynamic
couplings, which are of vital importance particularly for
efficient trajectory planning, are still difficult and challenging
tasks for URSs.
Motion behaviours are important aspect to the
trajectory of underactuated systems. A behaviour-based
control approach was proposed in [127] for the trajectory
tracking control of an underactuated planar capsule robot.
The basis behaviours and required behaviour-sets to track the
trajectory were elaborately defined in this study. Four motion
behaviours, four switching behaviours and one stationary
behaviour were proposed for the motion trajectory generation.
A selection algorithm was designed to determine the
appropriate behaviour-set to track each piece of the trajectory.
Nevertheless, the issue of robustness to uncertainties and
external disturbances were not investigated.

8

Fig. 9. A visualization of Poincaré surfaces and transverse
linearization of a periodic orbit (red) and a trajectory
converging to it (black) [128]
There have been a rising research interests in
employing limit cycle reshaping/control for trajectory
planning of underactuated robots [129–134]. This approach
is motivated by various practical engineering applications
whose motion behaviours are repetitively, for instance,
walking [135,136], running [137,138], etc. Limit cycles are
periodic trajectories defined on the phase space, accordingly
the utilization of limit cycles can be regarded as curve
tracking in the phase space. The common difficulty exists in
the determination of the existence of limit cycles for a given
set of differential equations. It is also challenging to plan
these periodic orbits as feasible trajectory candidates which
can be served as the dynamic behaviour of the closed-loop
system. The utilization of limit cycle control falls into the
existence of limit cycles and the orbital stability analysis.
Confronting both tasks, Poincaré map analysis is a popular
and promising approach. The method of Poincaré sections
and return maps has been widely used to determine the
existence and stability of periodic orbits in a broad range of
system models. Poincaré maps are able to sample the solution
of a system according to an event-based or time-based rule,
and then evaluate the stability properties of equilibrium
points (or fixed points) of the sampled system. Periodic
solutions correspond to fixed points in Poincaré map. The
stability of the periodic solutions can be guaranteed through
the stability of the fixed points in Poincaré map which is
determined by the eigenvalues of the Poincaré map linearized
about these points as shown in Fig. 9.
Comparison among trajectory planning algorithms
based on key features is demonstrated in Table 3. See
Appendix 2 for table of results. To sum up, underactuated
systems have reduced dimensions of the input space, thus
underactuation is an essential factor needs to be considered,
which makes finding a feasible trajectory for a specific task
highly nontrivial. Moreover, it becomes more complicated in
the presence of nonholonomic dynamic constraints [117].
Describing and characterizing the coupling behaviour
including kinematic and dynamic couplings, which are of
vital importance particularly for efficient trajectory planning,
are still difficult and challenging tasks for URSs.
5. Control systems of URSs
The issue of control of URSs is an active domain of
research in robotics and control engineering, which generates
interesting topics and requires systematic nonlinear
approaches. The difficulties of designing controller for URSs
are originated from the nature of underactuation, which
results in the partially linearizable feedback. Some wellestablished approaches and properties of nonlinear systems
such as feedback linearizability and passivity are not directly

applicable in the presence of URSs. The traditional
approaches to nonlinear control laws design are, for instance,
backstepping [139–142], forwarding [143,144], predictive
control [145–147], and SMC [51,54,148,149]. This is
resulted from the fact that these approaches are unable to
transform URSs into cascade nonlinear systems.
Nonholonomy is one of the important characteristics
that related to underactuation [150]. It can be described that a
nonholonomic constraint in form of 𝜙 𝑞, 𝑞, 𝑡
0 cannot be
integrated into a holonomic constraint which is in the form of
𝜙 𝑞, 𝑡
0. The former typically restrain the way in which
the possible configurations of the system can be reached,
instead of doing so directly on those configurations. Whilst
the later reduces the number of a system’s DOF by one but it
doesn’t apply to a nonholonomic constraint. It is crucial to
consider nonholonomy for the control of a subclass of URSs
(e.g., using underactuated system for dexterous manipulation
or mobile manipulators). Exploration into the non-integrity of
nonholonomic constraints for development of controllable
URSs is an important research direction and it has been
attracting much attentions [151–155].
The linearized dynamics of some underactuated
systems (e.g., Acrobot and Cart-Pole systems) about an
unstable fixed point (e.g. upright position) are proofed to be
controllable [156]. This reveals an interesting property of the
controllability of URSs that, if their nonlinear equations are
linearized and if started way from the zero state, they can be
returned to the zero state in finite time. Thus, the
controllability of these systems presents an important point
that URSs are not necessarily uncontrollable that although
arbitrary trajectories cannot be followed by URSs, they do
have the capability of arriving at arbitrary points in state
space. However, there are some underactuated systems whose
linearized dynamics are uncontrollable at any fixed point, as
such, their controllability is one of the meaningful topics to
be explored.
During the past decade, considerable nonlinear control
algorithms have been developed for the underactuated
characteristics based on passivity, feedback linearization,
Lyapunov theory, etc. However, nonlinear control systems
design for URSs is still regarded as a major open challenge
[157–160].
5.1. Classification
Based on the introduction in Section 1, this subsection
concentrates on the underactuation due to the origination that
imposed artificially to create complex low-order nonlinear
systems for gaining insight into the control of higher order
URSs. These systems are classified into two types in [13]
according to the object to be controlled, which are named as
Type-I systems and Type-II systems.
Type-I systems is defined as the URSs that contain a
pendulum or a system of pendulums, such as the Acrobot, the
Pendubot, the IWP (inertia-wheel pendulum) system, the
rotating pendulum system, the cart-pole system, etc. Based on
the system properties, the main control objective is to regulate
the configuration variables asymptotically convergence to the
set-point references. Two essential issues have been facing
towards these URSs. The first one is devoted to swing the
pendulum from the hanging position to the upright position
[161–163]. The second issue is dealing with the problem of
upward pendulum stabilization [164–166], including
stabilizing the system around its unstable equilibrium point,
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on condition that the pendulum is initially above the
horizontal plane, or lies inside an open vicinity of zero, i.e.
the attraction region of the closed-loop system. Numerous
control schemes have been developed, e.g. Bang-Bang
Control [119,167,168], Fuzzy Logic [149,169–171], energy
based [163], state feedback based [172], Sliding Mode [173],
Backstepping, PID adaptive [53], Time Optimal [174],
Switching [175], Neural Network [176], Prediction [177], etc.
The issues of trajectory planning and optimized adaptive
control was investigated in [84] for a class of WIP vehicle
models. Under the control objective of shaping the controlled
vehicle dynamics with minimized motion tracking errors and
angular accelerations, the linear quadratic regulation
optimization approach was employed to achieve an optimal
reference model. Variable structure technique was used for
adaptive control to guarantee the reference model to be
accurately matched in a finite-time horizon, even in the
presence of internal and external uncertainties. Interestingly,
a neural network-based adaptive generator of implicit control
trajectory of the tilt angle was proposed to indirectly
manipulate the forward velocity.
Type-II systems is defined as the URSs that contain
car-like subsystems such as the mobile robot [178], VTOL
aircraft [107], UAV [33], underwater vehicles [179], etc. The
control objectives of these kind of URSs are to regulate the
configuration variables asymptotically convergence to the
predesigned trajectories. This trajectory tracking problem has
twofold cases: kinematic tracking or dynamic tracking which
is depended on whether the systems is represented by a
kinematic or dynamic model. Some studies have been made
on the kinematic tracking issue, for instance, [33,78,180,181].
However, considering the tracking problem in a dynamics
point of view is more realistic and practical than its kinematic
counterpart, which needs to be uncovered elaborately.
5.2. Control Systems Construction
5.2.1 Partial Feedback Linearization: Partial feedback
linearization (PFL) is an interesting property which can be
applied for the control of URSs. For URSs with symmetry,
the authors proposed natural global changes of coordinates
according to the Lagrangian of the system that transform
nonlinear models into strict feedback ones. PFL approach is
presented in detail as follows.
Lemma 1 [182]: Consider the actuated configuration vector
𝑞 in Eq. (4), there exists a global invertible change of
control in the form below
(5)
𝑢 𝛼 𝑞 𝜏 𝛽 𝑞, 𝑞
that partially linearizes the dynamics of Eq. (4) in the
following form
𝑞
𝑝
𝑝
𝑓 𝑞, 𝑝
𝑔 𝑞 𝜏
𝑝
𝑞
𝑝
𝜏
where 𝛼 𝑞 is a 𝑚 𝑚 positive-definite symmetric matrix
and
𝑓 𝑞, 𝑝
𝐷 𝑞 ℎ 𝑞, 𝑞
𝐷 𝑞 𝐷 𝑞
𝑔 𝑞
The procedure of PFL using Lemma 2.1 is named as
the collocated partial linearization, which copes with the
dynamics of the actuated configuration vector. The
advantages of the PFL are both a conceptual and a structural
simplification of the control problem. It is always used as an
initial simplifying step for reduction and control of

underactuated systems, regardless of the method used for
decoupling of the actuated and unactuated subsystems. There
are a few control approaches, such as energy-based control
(EBC), adaptive control, and SMC have been developed
based on the PFL technique.
5.2.2 Energy-based Control: EBC is one of the most
popular control approaches for URSs particularly for the setpoint regulation problem. This idea is originated from the
energy existing in the system dynamics. Obtaining the
derivative of total energy [11] gives
𝑞 𝐵 𝑞 𝑢
𝐻 𝑞, 𝑞
(6)
𝑞 𝐵 𝑞 𝑢

where 𝐻 𝑞, 𝑞 denotes the total energy of the systems, 𝑝 𝑞
is the dissipation term of URSs, 𝐵 𝑞 is the input force matrix.
(2.4) implies that the system is passive with respect to the
input 𝑢 and output 𝑞. As an essential characteristic of URSs,
the passivity enables the stable origin and existence of
0. Therefore, passivity
feedback control law for 𝐻 𝑞, 𝑞
has always been a main property considered in energy-based
control. The main idea of passivity-based control is to
regulate the total energy of the system to the equivalent value
of a desired equilibrium.
Most EBC algorithms integrate with the PFL
technique to deal with the swing-up control of the pendulumlike (Type-I) URSs. Energy-based swing-up control was
studied in [163] for a remotely driven Acrobot which is a 2link planar robot with the first link being underactuated and
the second link being remotely driven by an actuator mounted
at a fixed base through a belt. The global motion analysis was
conducted based on the behaviour of the closed-loop solution
and the stability of the closed-loop equilibrium points. An
energy coupling-based output feedback control scheme was
proposed in [183] for 4 DOF overhead cranes with saturated
input constraints. The concept of virtual payloads was
introduced with a designed energy storage function to
efficiently explore the crane dynamics. A new energy shaping
control design was presented in [184] for a class of
underactuated systems including flexible joint robots, Series
Elastic Actuators, and Variable Impedance Actuated Robots.
Passivity property was utilized to conduct Lyapunov-based
analysis for arbitrarily low feedback gains. Interestingly, noncollocated feedback was considered for the control scheme to
shape the kinetic energy of the system.
5.2.3 Sliding Mode Control/Variable Structure Control:
In the control system construction, uncertainty is a common
but intractable problem to be considered, particularly for
URSs. One of the notable forms is the discrepancies between
the practical system and the theoretical model built up
through
some
well-established
principles.
These
discrepancies are mainly due to the unmodeled dynamics,
parameter uncertainty and external disturbances. Therefore,
adaptability and robustness have attracted significant
interests from the control engineering community in the past
decade. Among them, two of the main approaches are
adaptive control and robust control.
Robust control aims to make the system insensitive to
all uncertainties using a fixed structure, but is only suitable
for coping with small uncertainties. On the other hand,
adaptive control uses on-line identification in which either the
system parameters are identified using the predictive errors,
or the controller parameters are adjusted using tracking errors.
It is applicable to a wide range of parameter variations, but is
sensitive to the unstructured uncertainties.
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The difficulty of control law designs for URSs results
from the reduced dimension of the input space, and it
becomes folded when taking uncertainty into consideration.
Thus, the control of URSs with uncertainty has been received
extensive attentions. One interesting approach is Sliding
Mode Control (SMC), which is a specific type of Variable
Structure Control (VSC). This method has been successfully
applied to various URSs. For example, an adaptive neural
network sliding-mode controller design approach with
decoupled method was proposed by [185], which presented a
simple way to achieve asymptotic stability for a class of
fourth-order nonlinear systems. SMC was employed to
stabilize a class of underactuated systems which are in
cascaded form in [186]. A novel SMC method was introduced
by [187] based on the coupling sliding surface, the semiglobally asymptotically stable zero dynamics over the upper
half-plane was generated. A cascade adaptive fuzzy slidingmode control (AFSMC) scheme including inner and outer
control loops is investigated in [188] for the stabilizing and
tracking control of a nonlinear two-axis inverted-pendulum
servomechanism. Hybrid controller design is developed by
[189] for a class of 2-DOF underactuated mechanical systems
with dry friction in the joints. It is noted that both of the
unactuated and actuated joints were regulated, and the
convergence of error dynamics and robustness to small
variations of Coulomb friction coefficients were guaranteed.
A robust-velocity-tracking scheme was proposed in [148]
using two SMC methods to deal with the parametric
uncertainties and external disturbances. To suppress the
pendulum sway motion of an offshore container crane in
load/unload operations, [190] designed a new mechanism for
anti-sway control through a sliding surface design. Taking
into consideration of frictions and uncertainties, A
hierarchical sliding-mode under-actuated control scheme was
developed in [191] for trajectory tracking of a differential
mobile robot. Direct and indirect reference inputs were
elaborately planned with separately defined sliding surfaces
for the collocated and non-collocated subsystems.
5.2.4 Artificial Intelligence-based Learning and
Approximation: Despite the sustained active research on
control of underactuated robotics over the past decades, the
key technical problems such as adaptive learning of varying
nonlinear dynamics, the improvement of robustness, and the
removal of effects of unmodeled dynamics, external
disturbances and uncertainties remain to be the main research
issues that have attracted consecutive attention. Extensive
researches have been carried out towards these issues. One of
the prevailing objectives is to make the existing controller
more intelligent. Artificial intelligence is regarded as one of
the key future intelligent systems technologies and has been
studied and applied in addressing different kinds of practical
problems. It contains various advanced techniques such as
Neural Networks (NNs), Fuzzy Logic (FL), Evolutionary
Computation (EC), which are paradigms for mimicking
human intelligence and smart optimization mechanisms
observed in the nature to solve problems that are too large or
too complex to be solved with traditional techniques [192].
The structure of NNs is inspired by observed
processes in natural networks of brain neurons. The learning
process is conducted by adjusting the weights which
represent the interconnection strength of neurons based on
specific learning algorithms. NNs have an inherent learning

ability and are able to approximate a nonlinear continuous
function to arbitrary accuracy. As such, a surge of researches
has been devoted using NNs-based approach for
underactuated robot control. An active adaptive NNs-based
controller for WIP models was proposed in [193], wherein
NN scheme was utilized for motion control of the actuated
subsystem, and the passive subsystem was indirectly
controlled through the dynamic coupling with the planar
forward motion of its actuated counterpart. The energy-based
controller integrated with radial basis function (RBF) NN
compensation was developed in [6] to swing up the Pendubot.
In this study, NNs was employed to compensate the effect of
dynamic friction of the system. Multiple underactuated
underwater vehicles were considered in [179], where the
leader-follower formation control system was proposed using
NNs to approximate model parametric uncertainties and
unknown disturbances for the follower.
FL is a form of multivalued logic derived from fuzzy
set theory to address vague instead of precise reasoning,
wherein the degree of truth of a statement is ranging from
zero to one. Fuzzy systems provide an alternative
representation framework to present problems which are
difficult to be expressed using deterministic and probabilistic
mathematical models. As such, FL is chosen as one of the
prevailing approximator for the control problems of URSs.
Nonholonomic mobile manipulator was considered in [169]
in the presence of parametric and functional uncertainties,
and designed an adaptive control for the actuated subsystem
using FL approximation. The reference trajectory was
developed through FL-based motion generator, and the
unactuated subsystem is indirectly controlled through
dynamic coupling. A Takagi-Sugeno-type FL controller was
presented in [194] for a two-wheeled mobile robot to
facilitate position control of the wheels while keeping the
pendulum around the upright position. The proposed FL
controller synthesizes the heuristic knowledge and the model
information of the considered system. The output parameters
of the controller are chosen through comparison of the output
with a linear controller at certain operating points, which
avoids the tedious manual tuning work. To sum up, nonlinear
control systems design for underactuated systems is still
regarded as a major open challenge [11,157–160]. The
existence of underactuation and other undesirable properties
like possessing an undetermined relative degree or being in a
non-minimum phase, give rise to complex theoretical
problems and less generality in which conventional
techniques are not directly applicable.
See Appendix 3 for table of results.
6. Challenges and future directions
Based on the investigations in modelling, bio-inspired
design and bio-inspired control, trajectory planning and
nonlinear control of URSs, we may observe that the
evolutions of relevant techniques are relatively slower than
the speed of development of sophisticated robotic prototypes.
This drives us wonder that why this discrepancy exists when
the above technical issues are supposed to be significant
aspects of integrally functioning of URSs.
6.1. Theoretical Challenges and Common
Difficulties
Analysis of Frictional Interaction Dynamics: As
discussed in Section 2, for high fidelity engineering systems,
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accurate modelling or prediction of nonlinear friction force is
a nontrivial while intractable aspect of scientific research.
Conventionally, the frictional instabilities are required to be
eliminated or compensated through efficiently designed
controllers. For instance, the practical engineering problems
historically reside in the circumstances where robust friction
models with instabilities are essentially required. Therefore,
accurate predictions of friction-induced dynamic responses in
sticking, presliding as well as pure sliding regimes become
crucial. Several friction models with an arbitrary degree-ofcomplexity (i.e. numbers of parameters to be identified and
controlled) have been proposed in literature which
incorporates varying physical phenomena corresponding to
friction. However, an accurate representation of friction for
given practical applications of URSs is required to capture
several experimentally observed dynamic phenomena
reported in literature. The static friction models are merely
determined by the relative velocity between surfaces in
frictional contact, and the dropping friction characteristics in
the low relative velocity regime and the hysteretic loops are
not captured.
Optimal Morphological Computation and Motor
Control Learning: As discussed in Subsection 3.1, URSs
introduce several beneficial properties including mechanical
self-stability, passivity/adaptivity, energy efficiency and
manoeuvrability, however, there remains some challenges
that are related to optimal morphological design process of
nonlinear mechanical dynamics and their robust and accurate
control. To realize efficient trajectory planning and tracking
control, bio-inspired morphology constraints need to be
elaborately considered, such that the behavioural variation
can be increased while maintaining fascinating characteristics
of URSs. Another challenge is to reduce the number of trialand-error iterations in motor control learning in URSs.
Designing more generalized state representations and
enforcing the system to generate autonomously an
appropriate mechanical model of its own body are necessary
methods to approach this challenge [55].
Producing Minimum Phase Systems with Strongly
Coupled Inputs: Being minimum phase is an essential
property for a robotic system to have, as it enables
formulating the regulation of the output as a control goal. The
non-minimum phase nature restricts direct application of
many nonlinear control methodologies. Therefore, a better
understanding of the minimum phase w.r.t a meaningful
output should be regarded as a major challenge in the control
of bio-inspired/soft robots. Input–output linearization can be
applied to deal with a class of slightly non-minimum phase
URSs, but it is not applicable to systems with strong input
couplings such as bio-inspired/soft robotic systems.
Efficient Operation/Locomotion: It implies efficient
operation/locomotion during each motion cycle in terms of
travelling distance and energy consumption, either for the
Type-I URSs [195,196] that are fastened to the environment
or, type-II URSs that are designed to move and interact with
the environment [197,198]. The operation/locomotion index
is typically set as distance-optimal or energy-optimal, as such,
the challenges become how to generate optimal trajectory and
how to design effective control system to satisfy the designed
index.
Dynamic Coupling Characterization with System
Performance: Describing and characterizing the coupling
behaviour, which are difficult and challenging, are of vital

importance particularly for efficient trajectory planning.
Unfortunately, a majority of reported results in the literature
are mainly devoted to the couplings characterization in part
of the motion stage, the underactuated (passive) motion stage
is usually neglected. This is mostly owing to the
underactuated kinematic and dynamic coupling behaviours
and the relevant analysis is a difficult and challenging task.
Towards trajectory construction, it is worth mentioning that
there are several significant studies for overhead cranes
systems based on phase plane analysis of crane kinematics
[126,199], whilst as locomotion systems, the locomotionperformance indexes (e.g., average locomotion velocity,
energy efficiency) were not examined. Indeed, it is a tough
task to achieve steady-state periodic motion of the driving
mechanism and efficient system performance simultaneously.
Planning of Optimized Motion Trajectories:
Generating periodic motions that can be seen in various
natural locomotion of biological systems has always been a
challenging issue. URSs have reduced dimensions of the
input space, thus underactuation is an essential factor needs
to be considered, which makes finding a feasible trajectory
for a specific task highly nontrivial. Moreover, it becomes
more complicated in the presence of nonholonomic dynamic
constraints [117] and viscoelastic property [72].
Dealing with Uncertainties and Disturbances:
Uncertainties in system dynamics are critical and challenging
issues either for control design or for trajectory planning of
the URSs, including structured and unstructured uncertainties
and time-varying matched and unmatched external
disturbances. As such, the construction of adaptive control
schemes or approximator-based (e.g., NNs, FL) approaches
tends to be promising solutions. However, the uncertainty lies
in different loops requires different treatments, especially in
the non-collocated subset that is unmatched with the control
action, which is nontrivial and intractable for adaptive control
system design.
6.2. Trends and Future Directions
Through the investigations into the characteristics and
state-of-arts of URSs and bio-inspired approaches, it is
apparent that studying on URSs is meaningful and significant
and has always been a popular and active domain of research
in robotics and control communities. Based on the
investigations, several essential research issues, trends and
promising future research directions of URSs are summarized
and presented as follows.
Novel Bio-Inspired Design and Development: With
increasing requirements in real life, current machines and
equipment become unable to satisfy new applications and
new explorations. What can be further developed based on
the current framework of URSs to deal with the presence of
new issues in real-life control systems? For example, the
tasks of monitoring, sensing and intervention in narrow and
restricted space such as pipeline that are inaccessible to
human beings require the robot to undertake minimally
invasive operation/locomotion. The robot therefore needs to
adopt some principles inspired from animals that excel in
moving in such environments. Therefore, novel bio-inspired
design and development of URSs are required for a natural
understanding of motion/behaviour principles of biological
systems, the achievement in diversified motion/behaviour
patterns of URSs. It is believed that this is a promising
research direction of URSs in applications in military,
healthcare, medical assistance, industry, etc.
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Exploiting Feedforward Control Schemes: In some
applications with strong input couplings, feedback might not
be easily implemented, and it has fundamental performance
limits for non-minimum-phase systems. Feedforward scheme
can alleviate such control challenges—for non-minimum
phase systems. With the aid of feedforward control, the
biological systems (e.g., animals and human beings) can
walk/run efficiently on uneven terrains, which contributes to
the muscle activities to responsible for the adaptations to the
ground contacting [111,112]. Therefore, proper combination
of feedforward control with passive (mechanical) feedback or
active feedback into the control design for URSs is a
meaningful research direction to be explored.
Accurate Modelling and Prediction of Dynamic
Frictional Interactions: Friction plays an important part in
the motion of URSs, however, it is easily ignored or
simplified in the works during the past decades. Moreover,
the investigation of nonlinearities of the friction effects is still
open. Therefore, attentions are to be paid to the
characterization
of
frictional
dynamics.
Besides,
investigations from the viewpoint of chemical and material
science are also promising directions to characterize the
dynamic interactions with the environment.
Analysis of Underactuated Dynamics with BioInspired Viscoelastic Property: For locomotive URSs, there
has always been a lack of thorough understanding of system
dynamics and their efficient utilization. Therefore, efforts are
to be made in how to achieve a systematic way of utilizing
system dynamics in the forms of optimally synthesized
trajectories and effectively designed controllers, particularly
when bio-inspired viscoelastic elements are employed.
Moreover, to the best of our knowledge, for the systems
consisting of a pendulum or a system of pendulums that are
essentially nonlinear, unfortunately, there is little analytical
research.
Optimal Planning of Periodic Motion Trajectories:
Dynamical underactuated locomotion of robotic systems
corresponds to the existence of limit cycles in the state space
of the URSs. The generation of periodic motion trajectory and
the design of controllers that induce limit cycles, while a
challenge in its own right, are made significantly even more
difficult by the aforementioned difficulties. The objectives of
optimal planning are typically containing time-optimal,
distance-optimal and energy-optimal. Therefore, attentions
are to be paid to how to construct the periodic motion
trajectories and how to design efficient control laws that
induces limit cycle locomotion and holds stability.
Adaptive and Robust Control in the Presence of
Matched and Unmatched Uncertainties: It is wellestablished that tracking control has always been a vital
control issue of URSs due to unknown unactuated trajectory,
less control actuator, and nonlinear behaviour, etc. Compared
with their fully-actuated counterparts, challenges still remain
in trajectory tracking control of URSs, particularly in the
presence of matched and unmatched uncertainties. When the
dynamic parameters are uncertain or unknown in practice,
and kinematics relationship is not accurate, what adaptive
control scheme is feasible for this nonlinear system where
linear parameterization does not hold and linear structured
adaptive control scheme is not valid.

7. Conclusions
Given the importance that URSs have been gaining in
the past decades, particularly with recent advances in
introduction and application of bio-inspiration and intelligent
control systems, in this article we have presented a systematic
review of the state of the art of URSs and its current
limitations. In particular, we have covered four rapidly
developing ideas and technologies in modelling, bioinspiration, trajectory planning and control systems, which
will potentially lead to significant breakthroughs in handling
URSs. Non-minimum phase system is a key to bridge the gap
between bio-inspiration and URSs. We have reported that
proper combination of feedforward control with passive
(mechanical) feedback or active feedback into the control
design, for bio-inspired/soft URSs with strong input coupling,
is a meaningful research direction to be explored. Finally, we
have discussed theoretical challenges and common
difficulties, and how bio-inspiration and control approaches
may be profitably applied. We have also pointed out the
tremendous potential and trends for future research in URSs
throughout these challenges and open questions.
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Acosta JA, López-Mart́ń ez M. Constructive feedback
linearization of underactuated mechanical systems with 2DOF. Decision and Control, 2005 and 2005 European
Control Conference. CDC-ECC’05. 44th IEEE Conference
on, IEEE; 2005, p. 4909–4914.
Spong MW. Underactuated mechanical systems. Control
problems in robotics and automation, Springer; 1998, p.
135–150.
Ackerman J, Seipel J. Energy Efficiency of Legged Robot
Locomotion With Elastically Suspended Loads. IEEE
Transactions
on
Robotics
2013;29:321–30.
https://doi.org/10.1109/TRO.2012.2235698.
Liu P, Huda MN, Tang Z, Sun L. A self-propelled robotic
system with a visco-elastic joint: dynamics and motion
analysis. Engineering with Computers 2019:1–15.
Liu P, Yu H, Cang S. Modelling and control of an
elastically joint-actuated cart-pole underactuated system.
Automation and Computing (ICAC), 2014 20th
International Conference on, IEEE; 2014, p. 26–31.
Xia D, Wang L, Chai T. Neural-network-friction
compensation-based energy swing-up control of pendubot.
IEEE Transactions on Industrial Electronics 2014;61:1411–
1423.
Zhang A, She J, Lai X, Wu M. Motion planning and
tracking control for an acrobot based on a rewinding
approach. Automatica 2013;49:278–284.
Chen Y-F, Huang A-C. Controller design for a class of
underactuated mechanical systems. IET Control Theory &
Applications 2012;6:103–110.
Rus D, Tolley MT. Design, fabrication and control of soft
robots.
Nature
2015;521:467–75.
https://doi.org/10.1038/nature14543.
He B, Wang S, Liu Y. Underactuated robotics: a review.
International Journal of Advanced Robotic Systems
2019;16:1729881419862164.
Liu Y, Yu H. A survey of underactuated mechanical
systems. IET Control Theory Applications 2013;7:921–35.
https://doi.org/10.1049/iet-cta.2012.0505.

13

[12]
[13]

[14]

[15]
[16]

[17]

[18]

[19]

[20]
[21]

[22]

[23]

[24]

[25]
[26]

[27]

[28]
[29]

Aneke NP. Control of underactuated mechanical systems
2003.
Olfati-Saber R. Nonlinear control of underactuated
mechanical systems with application to robotics and
aerospace vehicles. Massachusetts Institute of Technology,
2000.
Bullo F, Lynch KM. Kinematic controllability for
decoupled trajectory planning in underactuated mechanical
systems. IEEE Transactions on Robotics and Automation
2001;17:402–412.
Spong MW. Underactuated mechanical systems. Control
problems in robotics and automation, Springer; 1998, p.
135–150.
Peters SC, Bobrow JE, Iagnemma K. Stabilizing a vehicle
near rollover: An analogy to cart-pole stabilization. 2010
IEEE International Conference on Robotics and
Automation,
2010,
p.
5194–200.
https://doi.org/10.1109/ROBOT.2010.5509367.
Yih C-C. Sliding Mode Control for Swing-Up and
Stabilization of the Cart-Pole Underactuated System. Asian
J
Control
2013;15:1201–14.
https://doi.org/10.1002/asjc.577.
Huda MN, Yu H. Trajectory tracking control of an
underactuated
capsubot.
Autonomous
Robots
2015;39:183–98.
https://doi.org/10.1007/s10514-0159434-3.
Huang J, Ding F, Fukuda T, Matsuno T. Modeling and
Velocity Control for a Novel Narrow Vehicle Based on
Mobile Wheeled Inverted Pendulum. IEEE Transactions on
Control
Systems
Technology
2013;21:1607–17.
https://doi.org/10.1109/TCST.2012.2214439.
Liu P, Yu H, Cang S. On the dynamics of a vibro-driven
capsule system. Archive of Applied Mechanics
2018;88:2199–2219.
Liu P, Yu H, Cang S. Geometric analysis-based trajectory
planning and control for underactuated capsule systems
with viscoelastic property. Transactions of the Institute of
Measurement and Control 2018;40:2416–2427.
Zhao B, Li M, Yu H, Hu H, Sun L. Dynamics and motion
control of a two pendulums driven spherical robot. 2010
IEEE/RSJ International Conference on Intelligent Robots
and
Systems,
2010,
p.
147–53.
https://doi.org/10.1109/IROS.2010.5651154.
Liu P, Yu H, Cang S. Modelling and dynamic analysis of
underactuated capsule systems with friction-induced
hysteresis. Intelligent Robots and Systems (IROS), 2016
IEEE/RSJ International Conference on, IEEE; 2016, p.
549–554.
Liu P, Yu H, Cang S. On periodically pendulum-diven
systems for underactuated locomotion: A viscoelastic
jointed model. 2015 21st International Conference on
Automation and Computing (ICAC), 2015, p. 1–6.
https://doi.org/10.1109/IConAC.2015.7313936.
Liu P, Yu H, Cang S. Optimized adaptive tracking control
for an underactuated vibro-driven capsule system.
Nonlinear Dynamics 2018;94:1803–1817.
Liu P, Neumann G, Fu Q, Pearson S, Yu H. Energyefficient design and control of a vibro-driven robot. 2018
IEEE/RSJ International Conference on Intelligent Robots
and Systems (IROS), IEEE; 2018, p. 1464–1469.
Liu P, Yu H, Cang S. Trajectory synthesis and optimization
of an underactuated microrobotic system with dynamic
constraints and couplings. International Journal of Control,
Automation and Systems 2018;16:2373–2383.
Chevallereau C, Grizzle JW, Shih C-L. Asymptotically
stable walking of a five-link underactuated 3-D bipedal
robot. IEEE Transactions on Robotics 2009;25:37–50.
Hamed KA, Grizzle JW. Event-based stabilization of
periodic orbits for underactuated 3-D bipedal robots with

[30]

[31]

[32]
[33]

[34]

[35]
[36]

[37]

[38]

[39]
[40]

[41]

[42]

[43]

[44]

[45]

[46]
[47]

left-right symmetry. IEEE Transactions on Robotics
2013;30:365–381.
Huda MN, Liu P, Saha C, Yu H. Modelling and Motion
Analysis of a Pill-Sized Hybrid Capsule Robot. J Intell
Robot Syst 2020. https://doi.org/10.1007/s10846-02001167-3.
Deimel R, Brock O. A novel type of compliant and
underactuated robotic hand for dexterous grasping. The
International Journal of Robotics Research 2016;35:161–
185.
Xiong J-J, Zheng E-H. Position and attitude tracking
control for a quadrotor UAV. ISA Transactions
2014;53:725–731.
Chwa D. Global tracking control of underactuated ships
with input and velocity constraints using dynamic surface
control method. IEEE Transactions on Control Systems
Technology 2011;19:1357–1370.
Olsson H, Åström KJ, Canudas de Wit C, Gäfvert M,
Lischinsky P. Friction Models and Friction Compensation.
European
Journal
of
Control
1998;4:176–95.
https://doi.org/10.1016/S0947-3580(98)70113-X.
Armstrong-Helouvry B. Control of machines with friction.
vol. 128. Springer Science & Business Media; 2012.
Freidovich L, Robertsson A, Shiriaev A, Johansson R.
LuGre-Model-Based Friction Compensation. IEEE
Transactions
on
Control
Systems
Technology
2010;18:194–200.
https://doi.org/10.1109/TCST.2008.2010501.
Lee TH, Tan KK, Huang S. Adaptive Friction
Compensation With a Dynamical Friction Model.
IEEE/ASME Transactions on Mechatronics 2011;16:133–
40. https://doi.org/10.1109/TMECH.2009.2036994.
Na J, Chen Q, Ren X, Guo Y. Adaptive prescribed
performance motion control of servo mechanisms with
friction compensation. IEEE Transactions on Industrial
Electronics 2014;61:486–494.
Martínez R, Álvarez J. Control of mechanical systems with
dry friction. Computación y Sistemas 2012;16:5–13.
Cornejo C, Alvarez-Icaza L. Passivity based control of
under-actuated mechanical systems with nonlinear dynamic
friction.
Journal
of
Vibration
and
Control
2011:1077546311408469.
Carpi F, Kastelein N, Talcott M, Pappone C. Magnetically
controllable gastrointestinal steering of video capsules.
IEEE Transactions on Biomedical Engineering
2011;58:231–234.
Ciuti G, Valdastri P, Menciassi A, Dario P. Robotic
magnetic steering and locomotion of capsule endoscope for
diagnostic and surgical endoluminal procedures. Robotica
2010;28:199–207.
Sun T, Xie X, Li G, Gu Y, Deng Y, Wang Z. A two-hop
wireless power transfer system with an efficiency-enhanced
power receiver for motion-free capsule endoscopy
inspection. IEEE Transactions on Biomedical Engineering
2012;59:3247–3254.
Zhang C, Liu H, Li H. Experimental investigation of
intestinal frictional resistance in the starting process of the
capsule robot. Tribology International 2014;70:11–7.
https://doi.org/10.1016/j.triboint.2013.09.019.
Lai TT, Chen YT, Huang P, Chu H. PipeProbe: a mobile
sensor droplet for mapping hidden pipeline. Proceedings of
the 8th ACM Conference on Embedded Networked Sensor
Systems, ACM; 2010, p. 113–126.
Perelman L, Ostfeld A. Operation of remote mobile sensors
for security of drinking water distribution systems. Water
Research 2013;47:4217–4226.
Yusupov A, Liu Y. Development of a self-propelled
capsule robot for pipeline inspection. Automation and
Computing (ICAC), 2016 22nd International Conference
on, IEEE; 2016, p. 84–88.

14

[48]
[49]

[50]

[51]

[52]

[53]

[54]

[55]

[56]
[57]
[58]
[59]

[60]

[61]
[62]

[63]

[64]
[65]

Matos A, Silva E, Cruz N, Alves JC, Almeida D, Pinto M,
et al. Development of an Unmanned Capsule for large-scale
maritime search and rescue. MTS/IEEE OCEANS, 2013.
Mohanty A, Yao B. Indirect Adaptive Robust Control of
Hydraulic Manipulators With Accurate Parameter
Estimates. IEEE Transactions on Control Systems
Technology
2011;19:567–75.
https://doi.org/10.1109/TCST.2010.2048569.
Zeinali M, Notash L. Adaptive sliding mode control with
uncertainty estimator for robot manipulators. Mechanism
and
Machine
Theory
2010;45:80–90.
https://doi.org/10.1016/j.mechmachtheory.2009.08.003.
Yu R, Zhu Q, Xia G, Liu Z. Sliding mode tracking control
of an underactuated surface vessel. IET Control Theory
Applications 2012;6:461–6. https://doi.org/10.1049/ietcta.2011.0176.
Liu P, Yu H, Cang S. Adaptive neural network tracking
control for underactuated systems with matched and
mismatched disturbances. Nonlinear Dyn 2019;98:1447–64.
https://doi.org/10.1007/s11071-019-05170-8.
Li Z, Yang Y, Li J. Adaptive motion/force control of mobile
under-actuated manipulators with dynamics uncertainties
by dynamic coupling and output feedback. Control Systems
Technology, IEEE Transactions On 2010;18:1068–1079.
Xu J-X, Guo Z-Q, Lee TH. Design and implementation of
integral sliding-mode control on an underactuated twowheeled mobile robot. IEEE Transactions on Industrial
Electronics 2014;61:3671–3681.
Iida F. Biologically Inspired Motor Control for
Underactuated Robots – Trends and Challenges. In:
Kozłowski KR, editor. Robot Motion and Control 2009,
Springer
London;
2009,
p.
145–54.
https://doi.org/10.1007/978-1-84882-985-5_14.
Collins SH, Wiggin MB, Sawicki GS. Reducing the energy
cost of human walking using an unpowered exoskeleton.
Nature 2015;522:212–215.
Argall BD, Billard AG. A survey of tactile human–robot
interactions. Robotics and Autonomous Systems
2010;58:1159–1176.
Ulmen J, Cutkosky MR. A robust, low-cost and low-noise
artificial skin for human-friendly robots. ICRA, 2010, p.
4836–4841.
Wolf S, Bahls T, Chalon M, Friedl W, Grebenstein M,
Höppner H, et al. Soft robotics with variable stiffness
actuators: Tough robots for soft human robot interaction.
Soft Robotics, Springer; 2015, p. 231–254.
Moreira P, Zemiti N, Liu C, Poignet P. Viscoelastic model
based force control for soft tissue interaction and its
application in physiological motion compensation.
Computer Methods and Programs in Biomedicine
2014;116:52–67.
Wang Z, Sun Z, Phee SJ. Haptic feedback and control of a
flexible surgical endoscopic robot. Computer Methods and
Programs in Biomedicine 2013;112:260–271.
Yu J, Zhang C, Liu L. Design and control of a single-motoractuated robotic fish capable of fast swimming and
maneuverability.
IEEE/ASME
Transactions
on
Mechatronics 2016;21:1711–1719.
Odhner LU, Jentoft LP, Claffee MR, Corson N, Tenzer Y,
Ma RR, et al. A compliant, underactuated hand for robust
manipulation. The International Journal of Robotics
Research
2014;33:736–52.
https://doi.org/10.1177/0278364913514466.
Piazza C, Grioli G, Catalano MG, Bicchi A. A century of
robotic hands. Annual Review of Control, Robotics, and
Autonomous Systems 2019;2:1–32.
Manti M, Hassan T, Passetti G, D’Elia N, Laschi C,
Cianchetti M. A bioinspired soft robotic gripper for
adaptable and effective grasping. Soft Robotics
2015;2:107–116.

[66]

[67]
[68]

[69]

[70]

[71]
[72]

[73]

[74]

[75]

[76]
[77]
[78]

[79]
[80]

[81]

[82]

[83]

Yang Y, Zhang W, Xu X, Hu H, Hu J. LIPSA hand: a novel
underactuated hand with linearly parallel and self-adaptive
grasp. Mechanism and Machine Science, Springer; 2016, p.
111–119.
Mutlu R, Alici G, in het Panhuis M, Spinks GM. 3D printed
flexure hinges for soft monolithic prosthetic fingers. Soft
Robotics 2016;3:120–133.
Flacco F, De Luca A, Sardellitti I, Tsagarakis NG. On-line
estimation of variable stiffness in flexible robot joints. The
Int’l Journal of Robotics Research 2012;31:1556–77.
https://doi.org/10.1177/0278364912461813.
Nguyen CH, Alici G, Mutlu R. Modeling a soft robotic
mechanism articulated with dielectric elastomer actuators.
2014 IEEE/ASME International Conference on Advanced
Intelligent Mechatronics, IEEE; 2014, p. 599–604.
Antoine GO, Batra RC. Optimization of Transparent
Laminates for Specific Energy Dissipation under Low
Velocity Impact using Genetic Algorithm. Composite
Structures
n.d.
https://doi.org/10.1016/j.compstruct.2014.12.066.
Ruderman M. Modeling of Elastic Robot Joints with
Nonlinear Damping and Hysteresis. Robotic Systems—
Applications, Control and Programming n.d.:293–312.
Korayem MH, Rahimi HN, Nikoobin A. Mathematical
modeling and trajectory planning of mobile manipulators
with flexible links and joints. Applied Mathematical
Modelling 2012;36:3229–3244.
Grebenstein M, Chalon M, Friedl W, Haddadin S,
Wimböck T, Hirzinger G, et al. The hand of the DLR Hand
Arm System: Designed for interaction. The International
Journal of Robotics Research 2012;31:1531–55.
https://doi.org/10.1177/0278364912459209.
Liu Y, Wiercigroch M, Pavlovskaia E, Yu H. Modelling of
a vibro-impact capsule system. International Journal of
Mechanical
Sciences
2013;66:2–11.
https://doi.org/10.1016/j.ijmecsci.2012.09.012.
Pavlovskaia E, Hendry DC, Wiercigroch M. Modelling of
high frequency vibro-impact drilling. International Journal
of
Mechanical
Sciences
2015;91:110–9.
https://doi.org/10.1016/j.ijmecsci.2013.08.009.
Pavlovskaia E, Wiercigroch M. Periodic solution finder for
an impact oscillator with a drift. Journal of Sound and
Vibration 2003;267:893–911.
Nayfeh AH, Balachandran B. Applied nonlinear dynamics:
analytical, computational, and experimental methods. John
Wiley & Sons; 2008.
Huang M, Xian B, Diao C, Yang K, Feng Y. Adaptive
tracking control of underactuated quadrotor unmanned
aerial vehicles via backstepping. American Control
Conference (ACC), 2010, IEEE; 2010, p. 2076–2081.
Wang Q, Huang Y, Wang L. Passive dynamic walking with
flat feet and ankle compliance. Robotica 2010;28:413–425.
Vanderborght B, Albu-Schäffer A, Bicchi A, Burdet E,
Caldwell DG, Carloni R, et al. Variable impedance
actuators: A review. Robotics and Autonomous Systems
2013;61:1601–1614.
Al-Shuka HFN, Leonhardt S, Zhu W-H, Song R, Ding C,
Li Y. Active Impedance Control of Bioinspired Motion
Robotic Manipulators: An Overview. Applied Bionics and
Biomechanics
2018;2018:e8203054.
https://doi.org/10.1155/2018/8203054.
Yang C, Ganesh G, Haddadin S, Parusel S, Albu-Schaeffer
A, Burdet E. Human-Like Adaptation of Force and
Impedance in Stable and Unstable Interactions. IEEE
Transactions
on
Robotics
2011;27:918–30.
https://doi.org/10.1109/TRO.2011.2158251.
Hussain S, Xie SQ, Jamwal PK. Adaptive Impedance
Control of a Robotic Orthosis for Gait Rehabilitation. IEEE
Transactions
on
Cybernetics
2013;43:1025–34.
https://doi.org/10.1109/TSMCB.2012.2222374.

15

[84]

[85]
[86]
[87]

[88]

[89]

[90]

[91]

[92]

[93]

[94]

[95]

[96]

[97]

[98]

[99]

[100]

Yang C, Li Z, Li J. Trajectory planning and optimized
adaptive control for a class of wheeled inverted pendulum
vehicle models. Cybernetics, IEEE Transactions On
2013;43:24–36.
Seipel J. Emphasizing Mechanical Feedback in BioInspired
Design
and
Education
2011:859–60.
https://doi.org/10.1115/IMECE2011-65587.
Collins S, Ruina A, Tedrake R, Wisse M. Efficient bipedal
robots based on passive-dynamic walkers. Science
2005;307:1082–1085.
Füchslin RM, Dzyakanchuk A, Flumini D, Hauser H, Hunt
KJ, Luchsinger RH, et al. Morphological computation and
morphological control: steps toward a formal theory and
applications. Artificial Life 2013;19:9–34.
Grimmer M, Holgate M, Holgate R, Boehler A, Ward J,
Hollander K, et al. A powered prosthetic ankle joint for
walking and running. BioMedical Engineering OnLine
2016;15:286. https://doi.org/10.1186/s12938-016-0286-7.
Van Hoof H, Hermans T, Neumann G, Peters J. Learning
robot in-hand manipulation with tactile features. 2015
IEEE-RAS 15th International Conference on Humanoid
Robots (Humanoids), IEEE; 2015, p. 121–127.
Theodorou E, Buchli J, Schaal S. Reinforcement learning
of motor skills in high dimensions: A path integral approach.
2010 IEEE International Conference on Robotics and
Automation,
2010,
p.
2397–403.
https://doi.org/10.1109/ROBOT.2010.5509336.
Kober J, Wilhelm A, Oztop E, Peters J. Reinforcement
learning to adjust parametrized motor primitives to new
situations.
Auton
Robot
2012;33:361–79.
https://doi.org/10.1007/s10514-012-9290-3.
Huang HJ, Kram R, Ahmed AA. Reduction of Metabolic
Cost during Motor Learning of Arm Reaching Dynamics. J
Neurosci
2012;32:2182–90.
https://doi.org/10.1523/JNEUROSCI.4003-11.2012.
Khansari-Zadeh SM, Billard A. Learning Stable Nonlinear
Dynamical Systems With Gaussian Mixture Models. IEEE
Transactions
on
Robotics
2011;27:943–57.
https://doi.org/10.1109/TRO.2011.2159412.
Bongard J, Zykov V, Lipson H. Resilient Machines
Through
Continuous
Self-Modeling.
Science
2006;314:1118–21.
https://doi.org/10.1126/science.1133687.
Boyle JH, Johnson S, Dehghani-Sanij AA. Adaptive
undulatory locomotion of a C. elegans inspired robot.
IEEE/ASME Transactions on Mechatronics 2013;18:439–
448.
Liljebäck P, Pettersen KY, Stavdahl Ø, Gravdahl JT. A
review on modelling, implementation, and control of snake
robots. Robotics and Autonomous Systems 2012;60:29–40.
https://doi.org/10.1016/j.robot.2011.08.010.
Memon AB, Verriest EI, Hyun N-SP. Graceful gait
transitions for biomimetic locomotion - the worm. 2014
IEEE 53rd Annual Conference on Decision and Control
(CDC),
2014,
p.
2958–63.
https://doi.org/10.1109/CDC.2014.7039844.
Mohammadi A, Rezapour E, Maggiore M, Pettersen KY.
Direction following control of planar snake robots using
virtual holonomic constraints. 2014 IEEE 53rd Annual
Conference on Decision and Control (CDC), 2014, p.
3801–8. https://doi.org/10.1109/CDC.2014.7039981.
Transeth AA, Leine RI, Glocker C, Pettersen KY,
LiljebÄck P. Snake Robot Obstacle-Aided Locomotion:
Modeling, Simulations, and Experiments. IEEE
Transactions
on
Robotics
2008;24:88–104.
https://doi.org/10.1109/TRO.2007.914849.
Liljeback P, Stavdahl O, Beitnes A. SnakeFighter Development of a Water Hydraulic Fire Fighting Snake
Robot. 9th International Conference on Control,
Automation, Robotics and Vision, 2006. ICARCV ’06,

[101]
[102]
[103]
[104]

[105]

[106]

[107]

[108]

[109]

[110]

[111]

[112]

[113]

[114]

[115]

[116]

[117]

2006,
p.
1–6.
https://doi.org/10.1109/ICARCV.2006.345311.
Transeth AA, Pettersen KY, Liljebäck P. A survey on snake
robot modeling and locomotion. Robotica 2009;27:999–
1015. https://doi.org/10.1017/S0263574709005414.
Liu CY, Liao W-H. A snake robot using shape memory
alloys. Robotics and Biomimetics, 2004. ROBIO 2004.
IEEE International Conference on, IEEE; 2004, p. 601–605.
Yuk H, Kim D, Lee H, Jo S, Shin JH. Shape memory alloybased small crawling robots inspired by C. elegans.
Bioinspiration & Biomimetics 2011;6:046002.
Byrnes CI, Isidori A, Willems JC. Passivity, feedback
equivalence, and the global stabilization of minimum phase
nonlinear systems. IEEE Transactions on Automatic
Control 1991;36:1228–1240.
Wang Z, Bao W, Li H. Second-order dynamic sliding-mode
control for nonminimum phase underactuated hypersonic
vehicles. IEEE Transactions on Industrial Electronics
2016;64:3105–3112.
Consolini L, Tosques M. A minimum phase output in the
exact tracking problem for the nonminimum phase
underactuated surface ship. IEEE Transactions on
Automatic Control 2012;57:3174–3180.
Hua MD, Hamel T, Morin P, Samson C. Introduction to
feedback control of underactuated VTOLvehicles: A
review of basic control design ideas and principles. IEEE
Control
Systems
2013;33:61–75.
https://doi.org/10.1109/MCS.2012.2225931.
Andary S, Chemori A, Krut S. Control of the Underactuated
Inertia Wheel Inverted Pendulum for Stable Limit Cycle
Generation. Advanced Robotics 2009;23:1999–2014.
https://doi.org/10.1163/016918609X12529279062438.
Kato T, Okumura I, Song S-E, Golby AJ, Hata N. Tendondriven continuum robot for endoscopic surgery: Preclinical
development and validation of a tension propagation model.
IEEE/ASME Transactions on Mechatronics 2014;20:2252–
2263.
Cambera JC, Feliu-Batlle V. Input-state feedback
linearization control of a single-link flexible robot arm
moving under gravity and joint friction. Robotics and
Autonomous Systems 2017;88:24–36.
Müller R, Grimmer S, Blickhan R. Running on uneven
ground: Leg adjustments by muscle pre-activation control.
Human
Movement
Science
2010;29:299–310.
https://doi.org/10.1016/j.humov.2010.01.003.
Müller R, Häufle DFB, Blickhan R. Preparing the leg for
ground contact in running: the contribution of feed-forward
and visual feedback. Journal of Experimental Biology
2015;218:451–7. https://doi.org/10.1242/jeb.113688.
Bazaei A, Moallem M. Improving force control bandwidth
of flexible-link arms through output redefinition.
IEEE/ASME Transactions On Mechatronics 2010;16:380–
386.
Santina CD, Rus D. Control Oriented Modeling of Soft
Robots: The Polynomial Curvature Case. IEEE Robotics
and
Automation
Letters
2020;5:290–8.
https://doi.org/10.1109/LRA.2019.2955936.
Boekfah A, Devasia S. Output-Boundary Regulation Using
Event-Based Feedforward for Nonminimum-Phase
Systems. IEEE Transactions on Control Systems
Technology
2016;24:265–75.
https://doi.org/10.1109/TCST.2015.2432153.
Hong S, Oh Y, Kim D, You B-J. Real-Time Walking
Pattern Generation Method for Humanoid Robots by
Combining Feedback and Feedforward Controller. IEEE
Transactions on Industrial Electronics 2014;61:355–64.
https://doi.org/10.1109/TIE.2013.2242412.
Li Z, Canny JF. Nonholonomic motion planning. vol. 192.
Springer Science & Business Media; 2012.

16

[118]

[119]

[120]

[121]

[122]

[123]

[124]

[125]
[126]

[127]

[128]
[129]

[130]

[131]

[132]

[133]
[134]

Tedrake R, Manchester IR, Tobenkin M, Roberts JW. LQRtrees: Feedback Motion Planning via Sums-of-Squares
Verification. The International Journal of Robotics
Research
2010.
https://doi.org/10.1177/0278364910369189.
Zhang X, Fang Y, Sun N. Minimum-Time Trajectory
Planning for Underactuated Overhead Crane Systems With
State and Control Constraints. IEEE Transactions on
Industrial
Electronics
2014;61:6915–25.
https://doi.org/10.1109/TIE.2014.2320231.
Zoso N, Gosselin C. Point-to-point motion planning of a
parallel 3-dof underactuated cable-suspended robot. 2012
IEEE International Conference on Robotics and
Automation,
2012,
p.
2325–30.
https://doi.org/10.1109/ICRA.2012.6224598.
Meza-Sánchez IM, Aguilar LT, Shiriaev A, Freidovich L,
Orlov Y. Periodic motion planning and nonlinear ℋ∞
tracking control of a 3-DOF underactuated helicopter.
International Journal of Systems Science 2011;42:829–38.
https://doi.org/10.1080/00207721.2010.517874.
Ryu J-C, Agrawal SK. Planning and control of underactuated mobile manipulators using differential flatness.
Auton
Robot
2010;29:35–52.
https://doi.org/10.1007/s10514-010-9185-0.
Dadashzadeh B, Vejdani HR, Hurst J. From template to
anchor: A novel control strategy for spring-mass running of
bipedal robots. 2014 IEEE/RSJ International Conference on
Intelligent Robots and Systems, IEEE; 2014, p. 2566–2571.
Hubicki C, Abate A, Clary P, Rezazadeh S, Jones M,
Peekema A, et al. Walking and running with passive
compliance: Lessons from engineering: A live
demonstration of the ATRIAS biped. IEEE Robotics &
Automation Magazine 2018;25:23–39.
Dadashzadeh B, Esmaeili M, Macnab C. Arbitrary
symmetric running gait generation for an underactuated
biped model. PloS One 2017;12:e0170122.
Sun N, Fang Y, Zhang Y, Ma B. A novel kinematic
coupling-based trajectory planning method for overhead
cranes. Mechatronics, IEEE/ASME Transactions On
2012;17:166–173.
Huda MN, Yu H, Cang S. Behaviour-based control
approach for the trajectory tracking of an underactuated
planar capsule robot. IET Control Theory & Applications
2014;9:163–175.
Manchester IR, Mettin U, Iida F, Tedrake R. Stable
dynamic walking over uneven terrain. The International
Journal of Robotics Research 2011:0278364910395339.
Erez T, Todorov E. Trajectory optimization for domains
with contacts using inverse dynamics. Intelligent Robots
and Systems (IROS), 2012 IEEE/RSJ International
Conference on, IEEE; 2012, p. 4914–4919.
Freidovich LB, Mettin U, Shiriaev AS, Spong MW. A
passive 2-DOF walker: hunting for gaits using virtual
holonomic constraints. Robotics, IEEE Transactions On
2009;25:1202–1208.
Gregg RD, Bretl T, Spong MW. Asymptotically stable gait
primitives for planning dynamic bipedal locomotion in
three dimensions. Robotics and Automation (ICRA), 2010
IEEE International Conference on, IEEE; 2010, p. 1695–
1702.
Grizzle JW, Abba G, Plestan F. Asymptotically stable
walking for biped robots: Analysis via systems with
impulse effects. IEEE Transactions on Automatic Control
2001;46:51–64.
Manchester IR, Mettin U, Iida F, Tedrake R. Stable
dynamic walking over uneven terrain. The International
Journal of Robotics Research 2011;30:265–279.
Shkolnik A, Levashov M, Manchester IR, Tedrake R.
Bounding on rough terrain with the LittleDog robot. The

[135]
[136]

[137]

[138]
[139]

[140]

[141]

[142]

[143]

[144]
[145]

[146]
[147]
[148]

[149]

[150]
[151]

International
Journal
of
Robotics
Research
2010:0278364910388315.
Hu Y, Yan G, Lin Z. Feedback control of planar biped robot
with regulable step length and walking speed. IEEE
Transactions on Robotics 2011;27:162–169.
Tlalolini D, Chevallereau C, Aoustin Y. Human-like
walking: Optimal motion of a bipedal robot with toerotation
motion.
IEEE/ASME
Transactions
on
Mechatronics 2011;16:310–320.
Haldane DW, Peterson KC, Bermudez FLG, Fearing RS.
Animal-inspired design and aerodynamic stabilization of a
hexapedal millirobot. Robotics and Automation (ICRA),
2013 IEEE International Conference on, IEEE; 2013, p.
3279–3286.
Karssen JD, Wisse M. Running with improved disturbance
rejection by using non-linear leg springs. The International
Journal of Robotics Research 2011;30:1585–1595.
Cheng L, Hou ZG, Tan M, Zhang WJ. Tracking Control of
a Closed-Chain Five-Bar Robot With Two Degrees of
Freedom by Integration of an Approximation-Based
Approach and Mechanical Design. IEEE Transactions on
Systems, Man, and Cybernetics, Part B (Cybernetics)
2012;42:1470–9.
https://doi.org/10.1109/TSMCB.2012.2192270.
Hu Q, Xu L, Zhang A. Adaptive backstepping trajectory
tracking control of robot manipulator. Journal of the
Franklin
Institute
2012;349:1087–105.
https://doi.org/10.1016/j.jfranklin.2012.01.001.
Taheri B, Case D, Richer E. Force and Stiffness
Backstepping-Sliding Mode Controller for Pneumatic
Cylinders. IEEE/ASME Transactions on Mechatronics
2014;19:1799–809.
https://doi.org/10.1109/TMECH.2013.2294970.
Wai RJ, Muthusamy R. Design of Fuzzy-Neural-NetworkInherited Backstepping Control for Robot Manipulator
Including Actuator Dynamics. IEEE Transactions on Fuzzy
Systems
2014;22:709–22.
https://doi.org/10.1109/TFUZZ.2013.2270010.
Krupinski S, Allibert G, Hua M-D, Hamel T. Pipeline
tracking for fully-actuated autonomous underwater vehicle
using visual servo control. American Control Conference
(ACC), 2012, IEEE; 2012, p. 6196–6202.
Wang H, Kosuge K. Control of a robot dancer for
enhancing haptic human-robot interaction in waltz. IEEE
Transactions on Haptics 2012;5:264–273.
Ge SS, Li Z, Yang H. Data driven adaptive predictive
control for holonomic constrained under-actuated biped
robots. IEEE Transactions on Control Systems Technology
2012;20:787–795.
Oh S-R, Sun J. Path following of underactuated marine
surface vessels using line-of-sight based model predictive
control. Ocean Engineering 2010;37:289–295.
Yan Z, Wang J. Model predictive control for tracking of
underactuated vessels based on recurrent neural networks.
IEEE Journal of Oceanic Engineering 2012;37:717–726.
Huang J, Guan Z-H, Matsuno T, Fukuda T, Sekiyama K.
Sliding-mode velocity control of mobile-wheeled invertedpendulum systems. Robotics, IEEE Transactions On
2010;26:750–758.
Hwang C-L, Chiang C-C, Yeh Y-W. Adaptive fuzzy
hierarchical sliding-mode control for the trajectory tracking
of uncertain underactuated nonlinear dynamic systems.
IEEE Transactions on Fuzzy Systems 2014;22:286–299.
Bloch AM. Nonholonomic mechanics. Nonholonomic
mechanics and control, Springer; 2003, p. 207–276.
Yue M, An C, Du Y, Sun J. Indirect adaptive fuzzy control
for a nonholonomic/underactuated wheeled inverted
pendulum vehicle based on a data-driven trajectory planner.
Fuzzy Sets and Systems 2016;290:158–177.

17

[152]

[153]

[154]

[155]

[156]
[157]

[158]

[159]
[160]
[161]

[162]

[163]

[164]

[165]

[166]

[167]

[168]

Xiong P, Lai X, Wu M. A stable control for second-order
nonholonomic planar underactuated mechanical system:
energy attenuation approach. International Journal of
Control 2018;91:1630–1639.
Mobayen S. Finite-time tracking control of chained-form
nonholonomic systems with external disturbances based on
recursive terminal sliding mode method. Nonlinear
Dynamics 2015;80:669–683.
Lai X, Zhang P, Wang Y, Chen L, Wu M. Continuous state
feedback control based on intelligent optimization for firstorder nonholonomic systems. IEEE Transactions on
Systems, Man, and Cybernetics: Systems 2018.
Griffin B, Grizzle J. Nonholonomic virtual constraints and
gait optimization for robust walking control. The
International Journal of Robotics Research 2017;36:895–
922.
Tedrake R. Underactuated robotics: Learning, planning,
and control for efficient and agile machines course notes for
MIT 6.832. Working Draft Edition 2009;3.
Ashrafiuon H, Muske KR, McNinch LC. Review of
nonlinear tracking and setpoint control approaches for
autonomous underactuated marine vehicles. Proceedings of
the 2010 American Control Conference, 2010, p. 5203–11.
https://doi.org/10.1109/ACC.2010.5530450.
Jiang Z-P. Controlling Underactuated Mechanical Systems:
A Review and Open Problems. In: Lévine J, Müllhaupt P,
editors. Advances in the Theory of Control, Signals and
Systems with Physical Modeling, Springer Berlin
Heidelberg; 2010, p. 77–88. https://doi.org/10.1007/978-3642-16135-3_7.
Pfeifer R, Lungarella M, Iida F. The challenges ahead for
bio-inspired’soft’robotics. Communications of the ACM
2012;55:76–87.
Xin X, Liu Y. Control Design and Analysis for
Underactuated Robotic Systems. Springer Science &
Business Media; 2014.
Huang J, Liang Z, Zang Q. Dynamics and swing control of
double-pendulum bridge cranes with distributed-mass
beams. Mechanical Systems and Signal Processing
2015;54:357–366.
Tao CW, Taur J, Chang JH, Su S-F. Adaptive fuzzy
switched swing-up and sliding control for the doublependulum-and-cart system. IEEE Transactions on Systems,
Man, and Cybernetics, Part B (Cybernetics) 2010;40:241–
252.
Xin X, Yamasaki T. Energy-based swing-up control for a
remotely driven Acrobot: Theoretical and experimental
results. Control Systems Technology, IEEE Transactions
On 2012;20:1048–1056.
Adhikary N, Mahanta C. Integral backstepping sliding
mode control for underactuated systems: Swing-up and
stabilization of the Cart–Pendulum System. ISA
Transactions
2013;52:870–80.
https://doi.org/10.1016/j.isatra.2013.07.012.
Ramirez-Neria M, Sira-Ramirez H, Garrido-Moctezuma R,
Luviano-Juarez A. Linear active disturbance rejection
control of underactuated systems: The case of the Furuta
pendulum. ISA Transactions 2014;53:920–928.
Ravichandran MT, Mahindrakar AD. Robust stabilization
of a class of underactuated mechanical systems using time
scaling and Lyapunov redesign. IEEE Transactions on
Industrial Electronics 2011;58:4299–4313.
Damadi SS, Tolue HR, Talebi HA. Bang-bang control of a
flexible-link manipulator with actuator saturation using
neural network. Control and Decision Conference (CCDC),
2011 Chinese, IEEE; 2011, p. 1458–1464.
Kim D, Turner JD. Near-minimum-time control of
asymmetric rigid spacecraft using two controls. Automatica
2014;50:2084–2089.

[169]

[170]

[171]

[172]

[173]
[174]
[175]

[176]

[177]
[178]

[179]
[180]
[181]

[182]
[183]
[184]

[185]

[186]
[187]

[188]

Li Z, Yang C, Su C-Y, Ye W. Adaptive fuzzy-based motion
generation and control of mobile under-actuated
manipulators. Engineering Applications of Artificial
Intelligence 2014;30:86–95.
Chang Y-H, Chan W-S, Chang C-W. TS fuzzy modelbased adaptive dynamic surface control for ball and beam
system. IEEE Transactions on Industrial Electronics
2013;60:2251–2263.
Petković D, Pavlović ND, Ćojbašić Ž, Pavlović NT.
Adaptive neuro fuzzy estimation of underactuated robotic
gripper contact forces. Expert Systems with Applications
2013;40:281–286.
Anvar SMM, Hassanzadeh I, Alizadeh G. Design and
implementation of sliding mode-state feedback control for
stabilization of Rotary Inverted Pendulum. Control
Automation and Systems (ICCAS), 2010 International
Conference on, IEEE; 2010, p. 1952–1957.
Man W-S, Lin J-S. Nonlinear Control Design for a Class of
underactuated systems. CCA, 2010, p. 1439–1444.
Jiang Y, Jiang Z-P. Computational adaptive optimal control
for continuous-time linear systems with completely
unknown dynamics. Automatica 2012;48:2699–2704.
Ibanez CA, Suarez-Castanon MS, Gutierrez-Frias OO. A
switching controller for the stabilization of the damping
inverted pendulum cart system. Int J Innov Comput Inf
Control 2013;9:3585–3597.
Zhang S, An R, Shao S. A new type of adaptive neural
network fuzzy controller in the double inverted pendulum
system. Artificial Intelligence and Computational
Intelligence, Springer; 2011, p. 149–157.
Mills A, Wills A, Ninness B. Nonlinear model predictive
control of an inverted pendulum. American Control
Conference, 2009. ACC’09., IEEE; 2009, p. 2335–2340.
yue m., Hu P, Sun W. Path following of a class of nonholonomic mobile robot with underactuated vehicle body.
IET Control Theory Applications 2010;4:1898–904.
https://doi.org/10.1049/iet-cta.2009.0617.
Cui R, Ge SS, How BVE, Choo YS. Leader–follower
formation control of underactuated autonomous underwater
vehicles. Ocean Engineering 2010;37:1491–1502.
Ghommam J, Mnif F, Derbel N. Global stabilisation and
tracking control of underactuated surface vessels. IET
Control Theory & Applications 2010;4:71–88.
Ghommam J, Saad M. Backstepping-based cooperative and
adaptive tracking control design for a group of
underactuated AUVs in horizontal plan. International
Journal of Control 2014;87:1076–1093.
Spong MW, Hutchinson S, Vidyasagar M. Robot modeling
and control. vol. 3. Wiley New York; 2006.
Sun N, Fang Y, Zhang X. Energy coupling output feedback
control of 4-DOF underactuated cranes with saturated
inputs. Automatica 2013;49:1318–1325.
Albu-Schäffer A, Petit COF. Energy Shaping Control for a
Class of Underactuated Euler-Lagrange Systems. IFAC
Proceedings
Volumes
2012;45:567–75.
https://doi.org/10.3182/20120905-3-HR-2030.00132.
Hung L-C, Chung H-Y. Decoupled control using neural
network-based sliding-mode controller for nonlinear
systems. Expert Systems with Applications 2007;32:1168–
1182.
Xu R, Özgüner Ü. Sliding mode control of a class of
underactuated systems. Automatica 2008;44:233–41.
https://doi.org/10.1016/j.automatica.2007.05.014.
Park M-S, Chwa D. Swing-up and stabilization control of
inverted-pendulum systems via coupled sliding-mode
control method. Industrial Electronics, IEEE Transactions
On 2009;56:3541–3555.
Wai R-J, Kuo M-A, Lee J-D. Design of Cascade Adaptive
Fuzzy Sliding-Mode Control for Nonlinear Two-Axis
Inverted-Pendulum Servomechanism. IEEE Transactions

18

[189]

[190]

[191]

[192]

[193]

[194]

[195]

[196]

[197]

[198]

[199]

[200]

[201]

[202]

[203]

[204]

on
Fuzzy
Systems
2008;16:1232–44.
https://doi.org/10.1109/TFUZZ.2008.924277.
Martinez R, Alvarez J, Orlov Y. Hybrid sliding-modebased control of underactuated systems with dry friction.
Industrial
Electronics,
IEEE
Transactions
On
2008;55:3998–4003.
Ngo QH, Hong KS. Sliding-Mode Antisway Control of an
Offshore Container Crane. IEEE/ASME Transactions on
Mechatronics
2012;17:201–9.
https://doi.org/10.1109/TMECH.2010.2093907.
Hwang C-L, Wu H-M. Trajectory tracking of a mobile
robot with frictions and uncertainties using hierarchical
sliding-mode under-actuated control. IET Control Theory
& Applications 2013;7:952–965.
Yu X, Kaynak O. Sliding-Mode Control With Soft
Computing: A Survey. IEEE Transactions on Industrial
Electronics
2009;56:3275–85.
https://doi.org/10.1109/TIE.2009.2027531.
Yang C, Li Z, Cui R, Xu B. Neural Network-Based Motion
Control of an Underactuated Wheeled Inverted Pendulum
Model. IEEE Transactions on Neural Networks and
Learning
Systems
2014;25:2004–16.
https://doi.org/10.1109/TNNLS.2014.2302475.
Xu JX, Guo ZQ, Lee TH. Design and Implementation of a
Takagi #x2013;Sugeno-Type Fuzzy Logic Controller on a
Two-Wheeled Mobile Robot. IEEE Transactions on
Industrial
Electronics
2013;60:5717–28.
https://doi.org/10.1109/TIE.2012.2230600.
Kolhe JP, Shaheed M, Chandar TS, Talole SE. Robust
control of robot manipulators based on uncertainty and
disturbance estimation. International Journal of Robust and
Nonlinear Control 2013;23:104–122.
Mathis FB, Jafari R, Mukherjee R. Impulsive Actuation in
Robot Manipulators: Experimental Verification of
Pendubot
Swing-Up.
Mechatronics,
IEEE/ASME
Transactions On 2014;19:1469–1474.
Cristofaro A, Salaris P, Pallottino L, Giannoni F, Bicchi A.
On time-optimal trajectories for differential drive vehicles
with field-of-view constraints. 2014 IEEE 53rd Annual
Conference on Decision and Control (CDC), 2014, p.
2191–7. https://doi.org/10.1109/CDC.2014.7039723.
Pereira P, Cunha R, Cabecinhas D, Silvestre C, Oliveira P.
Trailer-like leader following trajectory planning. 2014
IEEE 53rd Annual Conference on Decision and Control
(CDC),
2014,
p.
3725–30.
https://doi.org/10.1109/CDC.2014.7039969.
Sun N, Fang Y, Zhang X, Yuan Y. Transportation taskoriented trajectory planning for underactuated overhead
cranes using geometric analysis. IET Control Theory &
Applications 2012;6:1410–1423.
Felton SM, Tolley MT, Onal CD, Rus D, Wood RJ. Robot
self-assembly by folding: A printed inchworm robot.
Robotics and Automation (ICRA), 2013 IEEE International
Conference on, IEEE; 2013, p. 277–282.
Koh J-S, Cho K-J. Omega-shaped inchworm-inspired
crawling robot with large-index-and-pitch (LIP) SMA
spring actuators. IEEE/ASME Transactions On
Mechatronics 2013;18:419–429.
Qiao J, Shang J, Goldenberg A. Development of inchworm
in-pipe robot based on self-locking mechanism.
Mechatronics, IEEE/ASME Transactions On 2013;18:799–
806.
Wang W, Lee J-Y, Rodrigue H, Song S-H, Chu W-S, Ahn
S-H. Locomotion of inchworm-inspired robot made of
smart soft composite (SSC). Bioinspiration & Biomimetics
2014;9:046006.
Eckenstein N, Yim M. Area of acceptance for 3D selfaligning robotic connectors: Concepts, metrics, and designs.
Robotics and Automation (ICRA), 2014 IEEE International
Conference on, IEEE; 2014, p. 1227–1233.

[205]

[206]
[207]

[208]

[209]

[210]

[211]

[212]

[213]

[214]
[215]
[216]

[217]

[218]

[219]

[220]

[221]

Eckenstein N, Yim M. The x-face: An improved planar
passive mechanical connector for modular selfreconfigurable robots. Intelligent Robots and Systems
(IROS), 2012 IEEE/RSJ International Conference on, IEEE;
2012, p. 3073–3078.
Biorobotics
Lab
n.d.
http://biorobotics.ri.cmu.edu/index.php (accessed February
22, 2017).
Wright C, Buchan A, Brown B, Geist J, Schwerin M,
Rollinson D, et al. Design and architecture of the unified
modular snake robot. Robotics and Automation (ICRA),
2012 IEEE International Conference on, IEEE; 2012, p.
4347–4354.
Chen I-M, Yeo SH. Locomotion of a Two-Dimensional
Walking-Climbing Robot Using A Closed-Loop
Mechanism: From Gait Generation to Navigation. The Int’l
Journal
of
Robotics
Research
2003;22:21–40.
https://doi.org/10.1177/0278364903022001003.
Davey J, Kwok N, Yim M. Emulating self-reconfigurable
robots - design of the SMORES system. 2012 IEEE/RSJ
International Conference on Intelligent Robots and Systems,
2012,
p.
4464–9.
https://doi.org/10.1109/IROS.2012.6385845.
Shiriaev AS, Freidovich LB, Spong MW. Controlled
invariants and trajectory planning for underactuated
mechanical systems. IEEE Transactions on Automatic
Control 2014;59:2555–2561.
Le TA, Lee S-G, Moon S-C. Partial feedback linearization
and sliding mode techniques for 2D crane control.
Transactions of the Institute Of 2014;36:78–87.
https://doi.org/10.1177/0142331213492369.
Wu X, He X. Partial feedback linearization control for 3-D
underactuated overhead crane systems. ISA Transactions
2016;65:361–70.
https://doi.org/10.1016/j.isatra.2016.06.015.
Yu H, Liu Y, Yang T. Closed-loop tracking control of a
pendulum-driven
cart-pole
underactuated
system.
Proceedings of the Institution of Mechanical Engineers,
Part I: Journal of Systems and Control Engineering
2008;222:109–125.
Vakil M, Fotouhi R, Nikiforuk PN. Energy-based approach
for friction identification of robotic joints. Mechatronics
2011;21:614–624.
Valentinis F, Donaire A, Perez T. Energy-based motion
control of a slender hull unmanned underwater vehicle.
Ocean Engineering 2015;104:604–616.
Venkatesh C, Mehra R, Kazi F, Singh NM. Passivity based
controller for underactuated PVTOL system. Electronics,
Computing
and
Communication
Technologies
(CONECCT), 2013 IEEE International Conference on,
IEEE; 2013, p. 1–5.
Soltanpour MR, Khooban MH, Soltani M. Robust fuzzy
sliding mode control for tracking the robot manipulator in
joint space and in presence of uncertainties. Robotica
2014;32:433–446.
Zeng W, Wang Q. Learning from adaptive neural network
control of an underactuated rigid spacecraft.
Neurocomputing
2015;168:690–7.
https://doi.org/10.1016/j.neucom.2015.05.055.
Zou A-M, Kumar KD, Hou Z-G, Liu X. Finite-time attitude
tracking control for spacecraft using terminal sliding mode
and Chebyshev neural network. IEEE Transactions on
Systems, Man, and Cybernetics, Part B (Cybernetics)
2011;41:950–963.
Petković D, Issa M, Pavlović ND, Zentner L. Intelligent
rotational direction control of passive robotic joint with
embedded sensors. Expert Systems with Applications
2013;40:1265–1273.
Yue M, An C, Du Y, Sun J. Indirect adaptive fuzzy control
for a nonholonomic/underactuated wheeled inverted

19

pendulum vehicle based on a data-driven trajectory planner.
Fuzzy
Sets
and
Systems
2016;290:158–77.
https://doi.org/10.1016/j.fss.2015.08.013.

10. Appendices

20

Appendix 1
Table 1 Undulation-based bio-inspired robots using vertical waves
Robots

Bio-inspiration

/Features
/ Biomimetic
Inchworm robots Inchworm
Snake robots

Snake

Reconfigurable
robots

Snake

Modular robots

Snake

Locomotion

Perception

/Sensors
Extension & flexion;
Tactile;
Autonomous
Infrared
Obstacle-aided
Visual camera
Autonomous
Sinusoid serpentine-like; Visual camera
Rolling track;
Caterpillar-like;
Autonomous
Serpentine -like;
Climbing, Swimming
& Crossing gaps;
Autonomous

Video camera

Power

Examples

Tethered

[200–203]

Tethered

[96,98–100]

Electrical

[204,205]

Tethered

[206]

Power

Examples

Table 2 Undulation-based bio-inspired robots using linear expansion
Robots

Bio-inspiration

/Features
/Biomimetics
Slim Slime robot Snake

Planar inchworm
robots

Inchworm;
Snake

Self-Reconfigurable Snake
robots

Locomotion

Perception

/Sensors
Snake-like creep;
Snail-like pedal wave;
Lateral rolling & pivot
turning;
Autonomous

Visual camera

Tethered

[207]

Snake-like creep;
Autonomous

Visual camera

Tethered

[208]
Planar Walker

Contracting & expending;
Conecting & disconnecting
from neighbour modules;
Autonomous

Not reported

Electrical
module

[209]
SMORES
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Appendix 2
Table 3 Comparison among trajectory planning algorithms for URSs based on key features
Algorithms

Controlled

Control

Novelties

/Features

system

objectives

/Merits

Feedback
motion planning
NN-based
trajectory
generation
MTTP

Uncertaintiesa Holonomic

Constrained To build a sparse tree LQR-trees;
Nob
nonlinear
of LQR-stabilized
Sums-of-squares
system
trajectories
approach
WIP
Dynamic balance
Optimized
Yes
& motion tracking
trajectory model

Overhead
Minimum-time
cranes
trajectory planning
Point-to-point
Cable
Regulation of
planning
-suspended prescribed poses
robot
Periodic
Underactuated To track prescribed
motion planning helicopter
motion trajectory
approach
Kinematic
Overhead
Accurate trolley
coupling-based cranes
positioning
planning
Behaviour-based Planar capsule To track predefined
planning
robot
behaviour-sets
Controlled
Underactuated To Create invariants
invariants
systems
via feedback

Dynamic

Kinematic

Examples

Comments

/Nonholonomic

couplingsa couplingsa

constraintsa
No

No

No

[118]

Randomized
motion planning

Yes

No

No

[84]

Implicitly
controlled
passive dynamics
Off-linec
trajectory planning
Unconstrained
motion dynamics

State & control Yes
constraints
Natural
No
frequency of
unconstrained DOF
Virtual
Yes
constraints-based

Yes

No

No

[119]

No

No

No

[120]

Yes

No

No

[121]

S-shape
No
reference trajectory
with coupling
Design of basis Yes
behaviours
Reduction and
No
representation of dynamics

No

No

Yes

[126]

No

No

No

[127]

Yes

No

No

[210]

Control
problem of linearized system
Off-line
trajectory planning
Off-line
trajectory planning
Virtual holonomic
constraints

Uncertainties, holonomic/nonholonomic constraints, dynamic couplings and kinematic couplings mean the corresponding considerations in the construction of trajectory
planning algorithms.
b
A ‘yes’ or ‘No’ means the corresponding property is or is not considered in the trajectory planning algorithm, respectively.
c‘
Off-line’ is compared to on-line or real-time, it means the trajectory planning and/or optimization are/is undertaken during a pre- or post- motion/operation stage.
a
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Appendix 3
Table 4 Comparison among nonlinear control algorithms for URSs based on key features
Algorithms
/Features

Properties

Adaptability

Robustness

to uncertaintiesa to disturbancesb /Merits

Advantages

Limitations

Examples

/Demerits

PFL

Linearization for dynamics
of the actuated/unactuated
configuration vector

Poorc

Poor

A conceptual and a structural Low-level controld
simplification of the control
problem

[18,211–213]

EBC/

Regulation of the total energy Weak

Weak

Investigation through

Conditions of passivity

[40,163,214–216]

passive dynamics

need to be satisfied

Passivity
to the equivalent value of a
-based control desired equilibrium state
SMC/VSC

Alteration of the dynamics
by applying discontinuous
control signal

Good

Good

Robust to input disturbances

Control input chattering;
Assumption on known
or fixed uncertainty bounds

[51,190,191,217]

NNs-based
control

Approximation of nonlinear
continuous function

Good

Good

Learning ability;
Arbitrary approximation

Design of the NN structure;
Optimal determination of
the NN parameters

[6,6,84,218,219]

FL-based
control

Representation of nonlinear
continuous function by
quantification

Good

Good

Learning ability;
Arbitrary approximation

Design of fuzzy rules

[142,149,176,220,221]

‘Adaptability to uncertainties’ means, by adopting the corresponding control approach, the ability of the robotic system to adapt itself or its behaviour efficiently or fast
according to changes/uncertainties in its circumstances or parts of the system itself, including structured and unstructured uncertainties.
b
‘Robustness to disturbances’ means, by adopting the corresponding control approach, the ability of the robotic system to be strong and effective in tolerating external
disturbances/perturbations.
c
A ‘poor’, ‘weak’ or ‘good’ means the performance of the corresponding control approach in achieving the corresponding property is not desirable, partly achieved or
completely achieved, respectively.
d
‘Low-level control’ means the corresponding approach makes use of the dynamics of a subset to achieve a local rather than a global solution in controlling the robotic
system. In terms of the URSs, it refers to partially linearization of the robotic dynamics (collocated subset with its cardinality contains the actuated DOF and equals the
number of control inputs; or non-collocated subset that accounts for the remaining non-actuated DOF) in order to reach a control authority of the system.

a
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